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Lepton flavor violation: From muon decays to muon colliders
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We investigate the unique potential of a high-energy muon collider to probe lepton-flavor-violating
signals arising from physics beyond the Standard Model (SM). Low-energy, precision searches for charged
lepton flavor violation (LFV) are projected to dramatically improve their sensitivity in the coming years and
could provide the first evidence of new physics. We interpret the sensitivity of these searches in terms of a
set of LFVoperators in the SM effective field theory. The same operators are then probed at the TeV scale
via new, high-energy processes only available at a high-energy muon collider, such as μμ → μτ or the
scattering of a muon of an electroweak gauge boson into LFV final states. We find that, for most operators,
a muon collider could confirm signals if they are seen at future low-energy experiments, whereas for certain
flavor combinations it extends the reach to scales well beyond those accessible at lower energies. We also
project the sensitivity of a muon collider to lepton-flavor-violating decays of the SM Higgs boson and
demonstrate improved sensitivity to h → eτ and h → μτ by an order of magnitude compared to the High-
Luminosity LHC. The importance of having multiple, complementary probes is illustrated by considering
both various combinations of operators and relative sizes of flavor-violating transitions between
generations under various assumptions for the flavor structure of new physics.

DOI: 10.1103/bg4z-dmgb

I. INTRODUCTION

The Standard Model (SM) of particle physics has been
remarkably successful in explaining disparate phenomena

across a vast range of energy scales. The Large Hadron
Collider (LHC), in particular, has successfully corroborated
many predictions of the SM, producing both astonishingly
precise measurements of SM parameters and the discovery
of its final piece: the Higgs boson.
Despite this progress, there are many features of the SM

that we do not understand. These include the vanishingly
small CP odd gluon coupling (the strong CP problem), the
inexplicably small Higgs mass (the hierarchy problem), and
the observed patterns of masses and mixings between
different generations of SM fermions (the SM flavor
puzzle). Resolutions of these puzzles require additional,
unknown dynamics in the ultraviolet (UV). For the flavor
puzzle, in particular, these new dynamics generically
generate flavor-changing processes that can be searched
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for experimentally. These signatures are tightly constrained
by high-intensity and precision experiments at lower
energies that can indirectly probe flavor physics at much
higher-energy scales.
Examples of such precision measurements include elec-

tric and magnetic dipole moments, as well as charged
lepton-flavor-violating (LFV, also used for lepton flavor
violation) decays (such as μ → eγ). The Standard Model
rates for these processes are suppressed by tiny neutrino
masses and are negligibly small. At the same time, the
existence of neutrino masses indicates that lepton flavor is
not an exact symmetry of the SM, making it natural that any
UV completion of the SM responsible for the observed mass
pattern will also include LFV signals. This expectation has
strongly motivated the continual improvement of searches
for LFVacross multiple channels. Low-energy experiments
have been remarkably successful in constraining LFV, with
especially strong constraints on μ − e transitions. Their
extraordinary reach in probing high scales makes them
promising candidates to provide the first hints of new
physics, potentially even before direct discoveries at
colliders.
Despite their great reach, these small-scale experiments

have their own limitations: unlike the LHC or other high-
energy facilities, they typically probe only a narrow range
of flavor observables and beyond the SM (BSM) models.
Additionally, if a small-scale experiment does discover new
LFV physics, comprehensively characterizing the under-
lying physics behind the signal would require a direct
search at a high-energy collider. In this sense, the absence
of direct BSM signals at the LHC elevates the role of
precision flavor measurements: they may serve as har-
bingers of new physics and, in doing so, help guide the
design and priorities of future colliders, shaping the long-
term trajectory of particle physics.
A prominent proposal for future energy-frontier col-

liders is a high-energy muon collider [1–6] (see also
Refs. [7–14] for recent reviews). Muon colliders outper-
form proton colliders in energy reach for a fixed size due
to the elementary nature of the muon, while also avoiding
the significant synchrotron energy loss of electron col-
liders due to the muon’s larger mass. The report of the
National Academies of Science, Engineering, and
Medicine lists the development of a path toward a
high-energy muon collider as their highest priority rec-
ommendation for the future of particle physics [15], which
motivates work on such machines from a variety of angles.
Major technological developments toward building such a
machine have been pointed out in Refs. [1–6], especially
on the cooling front [16], while also outlining additional
steps that are necessary before a final design can be
developed. These studies have identified a 10 TeV muon
collider with a final integrated luminosity of 10 ab−1 as a
benchmark target.

To complement and motivate accelerator-physics stud-
ies, parallel efforts have been devoted to assessing the
potential of a future muon collider to probe well-motivated
scenarios of new physics. In particular, it has been
emphasized that such a machine effectively functions as
an electroweak gauge boson collider [17–21], thereby
enabling exploration of a wide range of colorless new
physics models that remain comparatively less constrained
at the LHC. In this spirit, numerous studies have inves-
tigated the reach of a muon collider in Higgs boson and
precision electroweak measurements [22–39], flavorful
new physics [40–58], dark-matter candidates [59–68],
and a broad spectrum of other BSM scenarios [18,69–84].
Proposals have also been put forward to exploit muon beam
dumps as powerful tools to probe hidden-sector and other
BSM models [85,86].
In this work, we analyze the capabilities of a muon

collider in observing signals associated with physics that
violates lepton flavor. We will identify a number of
processes initiated by muons or electroweak gauge bosons
that probe lepton flavor violation and highlight how a high-
energy muon collider is uniquely positioned to study them.
LFV signals at a muon collider have previously been
studied in the context of specific models [18,50], but here
we take a more model-agnostic approach. Specifically, we
investigate the reach of a muon collider to detect LFV SM
effective field theory (SMEFT) operators. The SMEFT
captures the most general set of higher-dimension operators
that can be written with the SM field content while
respecting its gauge symmetries and is a useful model-
independent framework for BSM setups; see Refs. [87,88]
for recent reviews. Lepton-flavor-violating SMEFT oper-
ators have also been studied in the context of electron-
positron colliders [89–91], but as we will see, both the
higher energy and the fact that muons are participating in
the collisions will lead to signatures at μþμ− machines that
are unique.
We consider all SMEFT dimension-six operators with no

quark fields that can give rise to τ − μ LFV signals.1 Not
counting the generation indices, there are nine independent
operators that violate lepton flavor and that do not involve
quark fields. These can be written as2

1We omit, for instance, four-fermion operators involving two
quark fields that violate lepton flavor. For a comprehensive study
of their low-energy effects, see Ref. [92]; for an overview of the
corresponding signals at a high-energy muon collider, see the
recent work in Ref. [58].

2We have suppressed the subscripts L and R on the fermions
for clarity and defined

ðH†iD
↔

μHÞ≡ iH†ðDμHÞ − iðDμHÞ†H;

ðH†iD
↔

μ

I
HÞ≡ iH†τIðDμHÞ − iðDμHÞ†τIH:
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OeW ¼ ðL̄iσ
μνejÞτIHWI

μν; OeB ¼ ðL̄iσ
μνejÞHBμν; OeH ¼ ðH†HÞðL̄iejHÞ;

Oð1Þ
Hl ¼ ðH†iD

↔

μHÞðL̄iγ
μLjÞ; Oð3Þ

Hl ¼ ðH†iD
↔

μ

I
HÞðL̄iτ

IγμLjÞ; OHe ¼ ðH†iD
↔

μHÞðēiγμejÞ;
Oll ¼ ðL̄iγμLjÞðL̄kγ

μLmÞ; Oee ¼ ðēiγμejÞðēkγμemÞ; Ole ¼ ðL̄iγμLjÞðēkγμemÞ: ð1Þ

Casting the effect of a UV model in the context of these
operators allows us to properly compare the constraints
from the high-energy collider searches and the IR precision
observables; this is possible thanks to extensive works on
the renormalization group equations of operators in
SMEFT and their matching to the low-energy field theory
(LEFT) [93–97].3 We use these results to properly compare
the reach of a 10 TeV muon collider with an integrated
luminosity of 10 ab−1 to existing and near future experi-
ments for probing LFV effects in the IR. We find that, in
some cases, a future muon collider could provide better
sensitivity to τ − μ LFV signals than IR observables, while
in other cases it could confirm LFV signals if they are
detected at future low-energy experiments.
We examine the sensitivity of many different scattering

processes to τ − μ flavor violation and conduct detailed
background studies for those with the greatest reach. These
include μV → τh and μW → τW for probing all operators
involving the Higgs boson except OeH, and μμ → μτ,
μV → μττ, and μV → τττ for probing the four-fermion
operators. We find that after implementing cuts to suppress
backgrounds, these processes probe scales of new LFV
physics between 10 and 100s of TeV. For simplicity, we
restrict to simple cut-and-count searches for the signal of
these operators. While we expect a more complicated
analysis using tools such as machine learning to provide
additional improvement, this simple, conservative strategy
will suffice to understand the approximate sensitivity for a
future collider. We also constrain all three flavor combi-
nations (τ − μ, τ − e, and μ − e) of OeH from LFV Higgs
boson decays, finding that a muon collider would improve
on LFV branching ratios of the Higgs boson by around 1
order of magnitude compared to current LHC bounds.
The rest of this paper is organized as follows: first, in

Sec. II, we calculate the reach in the scale of SMEFT
operators of flavor-violating μ, τ, and Z decays. In Sec. III,
we discuss constraints from flavor-violating Higgs boson
decays, including the reach of current experiments and the
potential reach of a future muon collider. Next, in Sec. IV,
we calculate additional constraints from scattering proc-
esses at a future muon collider, including μV → τh,
μW → τW, μμ → μτ, μV → τττ, and μ∓V → μ�τ∓τ∓ with
same sign τ leptons. Finally, we compare these constraints

in Sec. V, including studying combinations of operators and
different flavor Ansätze, before concluding in Sec. VI.

II. LOW-ENERGY PROBES OF LEPTON
FLAVOR VIOLATION

In this section, we review the existing and projected
bounds from different precision experiments on LFV
signals beyond the SM. These experiments include various
l → l0γ, lepton conversions, or three-body decays, as well
as flavor-violating decays of the Z boson. We summarize
the current and projected bounds on these observables in
Table I. The following discussion, extending into the next
section, reviews constraints from various experiments and
recasts the sensitivity of current and proposed experiments
in the context of the SMEFT operators in Eq. (1).

A. Decays or conversions of muons and τ’s

Some of the most stringent constraints on lepton flavor
violation come from searches for flavor-violating decays of
muons and τ leptons or from searches for muons converting
into electrons when scattering off of atomic nuclei.
Processes involving a muon and electron are particularly

well constrained. The MEG experiment, for instance,
searches for the μ → eγ decay via a μþ beam incident
on a thin plastic target giving rise to a back-to-back signal
of a positron and a photon [120]. The best limit on the
branching ratio, BRðμ → eγÞ < 1.5 × 10−13, was just
recently set by the MEG-II experiment [99] and is expected
to improve substantially with more data collection that
continues to 2026 [121]. A complementary suite of experi-
ments search for the decay μþ → eþe−eþ [105,109]. Over
the coming decade, the most significant improvements are
projected for the muon-electron conversion processes,
where a muon rapidly stops and binds with the atomic
nucleus in a target and subsequently converts to an electron
with energy slightly below the muon mass [112]. The
conversion rate (CR) is the flavor-changing capture rate
normalized with respect to the total nucleus capture rate,
which is dominated by the Standard Model process
μ−NðA; ZÞ → νμNðA; Z − 1Þ. The Mu2e and COMET
experiments [111,112] are expected to improve upon the
limits set by SINDRUM-II [109,110] on titanium and gold
nuclei by over 4 orders of magnitude using an aluminum
nucleus.
There are also constraints on lepton-flavor-violating

processes involving the τ. Because of its larger mass and
shorter lifetime, τ leptons are more challenging to produce

3Although we only consider turning on SMEFT operators
with no quarks in the UV, we do consistently include quark
operators in the low energy that are generated by running and
matching.

LEPTON FLAVOR VIOLATION: FROM MUON DECAYS TO MUON … PHYS. REV. D 113, 015003 (2026)

015003-3



and manipulate at small-scale experiments. However, they
are produced abundantly in collider experiments operating
at the ϒ threshold: the so-called “B-factory” experiments
such as BABAR, Belle, and Belle II. Most of the strongest
limits on processes such as τ → μγ or τ → 3e were set
by the previous generation of B-factory experiments.
SuperKEKB is targeting an increase in the total luminosity
available to Belle II by a factor of 40 compared to Belle, so
all of these limits are expected to significantly improve
in the next decade. See Table I for a comprehensive
summary.4

The aforementioned observables are all measured at
energy scales fixed by the masses of the corresponding
leptons. As such, a more apt description of potential new
physics effects is not in terms of the SMEFT, but the LEFT.
As wewill discuss more below, using the LEFTallows us to
systematically incorporate higher order perturbative effects
arising from flavor-violating SMEFT operators into the

low-energy calculations, from both one- and two-loop
matching of the SMEFT onto LEFT at the weak scale
and from renormalization group evolution of the LEFT
coefficients down to the relevant lepton mass scale.
Systematic studies of LFV signals in the language of
LEFT can be found in Refs. [123–125].
In the notation of Refs. [96,97], the LEFT operators

relevant for flavor-violating muon and τ decays to leptonic
final states are

Oeγ;ij ¼ ēL;iσμνeR;jFμν;

OV;LL
ee;prst ¼ ðēL;pγμeL;rÞðēL;sγμeL;tÞ;

OV;RR
ee;prst ¼ ðēR;pγμeR;rÞðēR;sγμeR;tÞ;

OV;LR
ee;prst ¼ ðēL;pγμeL;rÞðēR;sγμeR;tÞ;

OS;RR
ee;prst ¼ ðēL;peR;rÞðēL;seR;tÞ; ð2Þ

where ij and prst are flavor indices. In addition, we must
also consider LEFT operators involving quarks, which are
generated by renormalization group evolution below the
weak scale even if we start with only leptonic operators in
the UV and are relevant for μ → e conversion in atomic
nuclei,

TABLE I. Summary of current and future constraints on lepton-flavor-violating processes, all at 90% confidence
level (CL). The High-Luminosity LHC (HL-LHC) projections (marked with *) are obtained by scaling the LHC
results to the projected luminosity of 3 ab−1, assuming the searches remain statistics limited. The constraint on δGF
is determined from electroweak scale data; see text for details. The quoted value of Rμ combines the Belle II
determination with earlier values in the HFLAV combination [98].

Observable Current limit (Ref.) Projected limit (Ref.)

BRðμ → eγÞ 1.5 × 10−13 (MEG-II [99]) 6.0 × 10−14 (MEG-II [100])
BRðτ → eγÞ 3.3 × 10−8 (BABAR [101]) 3.0 × 10−9 (Belle II [102])
BRðτ → μγÞ 4.2 × 10−8 (Belle [103]) 1.0 × 10−9 (Belle II [102])

BRðμ → 3eÞ 1.0 × 10−12 (SINDRUM [104]) ∼1 × 10−16 (Mu3e [105])
BRðτ → 3eÞ 2.7 × 10−8 (Belle [106]) 4.6 × 10−10 (Belle II [102])
BRðτ → 3μÞ 1.9 × 10−8 (Belle II [107]) 3.5 × 10−10 (Belle II [102])

BRðτ− → μ−eþe−Þ 1.6 × 10−8 (Belle II [108]) 3 × 10−10 (Belle II [102])
BRðτ− → e−μþμ−Þ 2.4 × 10−8 (Belle II [108]) 5 × 10−10 (Belle II [102])

CRðμ → eÞTi 4.3 × 10−12 (SINDRUM-II [109]) � � �
CRðμ → eÞAu 7.0 × 10−13 (SINDRUM-II [110]) � � �
CRðμ → eÞAl � � � ∼1 × 10−17 (Mu2e, COMET [111,112])

PðMμ → M̄μÞ 8.3 × 10−11 (MACS, PSI [113]) ∼1 × 10−13 (MACE, J-PARC [114])
δGF (μ → eνν) ð1.2� 17.0Þ × 10−5 � � �
Rμ (RSM

μ ¼ 0.9726) 0.9735� 0.0026 (Belle II [115]) � � �

BRðZ → μeÞ 1.9 × 10−7 (CMS [116]) ∼4 × 10−8 (HL-LHC*)
BRðZ → τeÞ 5.0 × 10−6 (ATLAS [117]) ∼1 × 10−6 (HL-LHC*)
BRðZ → τμÞ 6.5 × 10−6 (ATLAS [117]) ∼1 × 10−6 (HL-LHC*)

BRðh → μeÞ 4.4 × 10−5 (CMS [118]) ∼1 × 10−5 (HL-LHC*)
BRðh → τeÞ 2.0 × 10−3 (ATLAS [119]) ∼5 × 10−4 (HL-LHC*)
BRðh → τμÞ 1.8 × 10−3 (ATLAS [119]) ∼5 × 10−4 (HL-LHC*)

4These collider experiments can also constrain the semiha-
dronic LFV τ decays in the form of τ → lh, l ¼ e, μ, and h is a
hadronic system [122]. As we are omitting SMEFToperators that
involve quarks from our study, we will not study the bounds from
these decays: for purely leptonic operators, the purely leptonic
decays are always more constraining.
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OV;LL
eq;prst ¼ ðēL;pγμeL;rÞðq̄L;sγμqL;tÞ;

OV;RR
eq;prst ¼ ðēR;pγμeR;rÞðq̄R;sγμqR;tÞ;

OV;LR
eq;prst ¼ ðēL;pγμeL;rÞðq̄R;sγμqR;tÞ;

OS;RR
eq;prst ¼ ðēL;peR;rÞðq̄L;sqR;tÞ;

OS;RL
eq;prst ¼ ðēL;peR;rÞðq̄R;sqL;tÞ: ð3Þ

Here, q ¼ u or d.
For example, μ → eγ decay can be written as a function

of the Wilson coefficients of the LEFT operators as

Γðμ → eγÞ ¼ m3
μ

4π

�
jLeγ;12ðmμÞj2 þ jLeγ;21ðmμÞj2

�
: ð4Þ

In this expression, the Leγ;ijðmμÞ are the Wilson coeffi-
cients of the operators Oeγ;ij evaluated at the muon mass
scale. In general, operator coefficients at the muon mass
scale (or the τ mass scale depending on the relevant
experiment) can be written as a function of the Wilson
coefficients of the SMEFT operators, defined at the weak
scale, using

LOðmμÞ ¼ L½0�
O ðMZÞ þ

1

16π2
L̇½0�
O ðMZÞ log

mμ

MZ
þ L½1�

O ðmμÞ

þ L½2�
O ðmμÞ þ…: ð5Þ

In this expression, L½0�
O indicates the value of the Wilson

coefficient obtained from a tree-level matching of SMEFT
onto LEFT at the scale μR ¼ MZ. The full catalog of such
matching can be found in Ref. [96]. The L̇ indicate the
(one-loop) anomalous dimensions,

L̇≡ 16π2μ
d
dμ

L; ð6Þ

which were computed in Ref. [97] and can be written in
terms of LEFT coefficients obtained from the tree-level
matching at MZ. For all LEFT operators other than Oeγ;ij,

we only include the L½0�
O and L̇½0�

O contributions, i.e., the
LEFT operator coefficient at the muon mass scale is
computed to the leading log order.
For Oeγ;ij only, as indicated in Eq. (5), we include two

further contributions, L½1� and L½2�, coming from a one- and
two-loop matching from SMEFT to LEFT. These are
evaluated directly at μR ¼ mμ, without resumming the
potentially large log from MZ to mμ which would require
unknown two- and three-loop anomalous dimensions. The
one-loop matching onto the dipole operators is given in
Refs. [123,126]. For the dipole operators, the two-loop
matching contributions from OeH are also numerically
important: because the dipole transition requires a chirality
flip, the one-loop contributions are suppressed by a factor
of the lepton mass, while the two-loop contributions can
exchange this suppression for a factor of the top mass or a
gauge coupling (and an additional loop factor). We there-
fore include these contributions, adapting from the results
in Refs. [127,128].
For completeness, we also collect here the expressions

for the decays li → ljγ and li → 3lj, which can be written
in terms of LEFT coefficients at the appropriate lepton
mass scale,

BRðli → ljγÞ ¼
48π2

G2
Fm

2
i

�
jLeγ;jij2 þ jL�

eγ;ijj2
�
; ð7Þ

and

BRðli → 3ljÞ ¼
16παEM
G2

Fm
2
i

�
log

m2
i

m2
j
−
11

4

�
ðjLeγ;jij2 þ jL�

eγ;ijj2Þ

−
e

G2
Fmi

Re

�
L�
eγ;ijðLV;LR

ee;jjji þ 2LV;RR
ee;jijjÞ� þ Leγ;jiðLV;LR

ee;jijj þ 2LV;LL
ee;jijjÞ

�

þ 1

64G2
F

����LS;RR
ee;jjij

���2þ
���LS;RR

ee;jijj

���2 þ 16
���LV;LL

ee;jijj

���2 þ 16
���LV;RR

ee;jijj

���2 þ 8
���LV;LR

ee;jijj

���2 þ 8
���LV;LR

ee;jjji

���2
�
: ð8Þ

Expressions for the mixed final-state decays can be found
in Ref. [90]. These are unique among the low-energy
probes in their importance for testing mixed-flavor four-
fermion operators such as OV;RR

ee;eeμτ.
For many four-fermion operators that violate lepton

flavor by two units (e.g., Ole;τμτμ), there are no kinemat-
ically allowed decays of a τ or μ to charged lepton final
states. ForOle andOll, these operators contribute to decays
such as τ → μνν, where they compete with the SM leptonic
decay modes. In terms of the LEFT coefficients, we have,

for instance,

Γli→ljνν

ΓSM
li→ljνν

¼ 1þ
4
���LV;LL

ee;ijij

���2þ
���LV;LR

ee;ijij

���2

8G2
F

: ð9Þ

For operators involving multiple τ indices, these can be
constrained, for example, via measurements of the lepton
flavor universality ratio,
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Rμ ≡ BRðτ− → μ−ν̄μντÞ
BRðτ− → e−ν̄eντÞ

¼ RSM
μ

�
1þ 4jLV;LL

ee;3232j2

þ jLV;LR
ee;3232j2 − 4jLV;LL

ee;3131j2 − jLV;LR
ee;3131j2

�
: ð10Þ

The most recent Belle II result finds Rμ ¼ 0.9675� 0.0037
[115], which is slightly lower than the SM value of 0.9726.
The combination with earlier measurements at BABAR and
CLEO yields Rμ ¼ 0.9735� 0.0026 [98,129,130], which
is in good agreement with the SM. This uncertainty is
already systematics dominated at Belle II, so we do not
make any projections for an improved future value. Note
that this probe would be insensitive to τ − μ and τ − e
flavor-violating operators if they are both the same size.
To constrain similar operators involving μ − e flavor

violation, we follow Ref. [131] and interpret the effect in
Eq. (9) for μ → eνν as a shift in the Fermi constant,
GF;0 ¼ GF;μð1þ δGFÞ, with GF;0 the value inferred from
the electroweak theory and GF;μ the value inferred from
muon decays. A comparison to the determination using
the weak-mixing angle yields the constraint δGF ¼
ð1.2� 17.0Þ × 10−5. From Eq. (9), we find

δGF ¼ 4jLV;LL
ee;2121j2 þ jLV;LR

ee;2121j2
16G2

F;0
; ð11Þ

and the constraint on δGF above thus translates directly
into a bound on the LEFT operators.

A separate bound on the μ–e flavor-violating operators
comes from contributions to muonium-antimuonium con-
version. Accounting for the magnetic field in the exper-
imental setup at PSI that provides the strongest limit to date,
the oscillation probability for muonium-antimuonium con-
version can be parametrized as [132–136]

PMμ→M̄μ
≃
7.58 × 10−7 GeV−4

G2
F

�
jLV;LL

ee;2121 þ LV;RR
ee;2121

− 1.68LV;LR
ee;2121j2 þ 0.563jLV;LL

ee;2121

þ LV;RR
ee;2121 þ 0.68LV;LR

ee;2121j2
�
: ð12Þ

Note that this rate is insensitive to the axial-vector
combination, LV;LL

ee − LV;RR
ee . The PSI experiment set a

limit on the conversion probability PMμ→M̄μ
< 8.3 × 10−11

at 90%CL [113]. This will be improved by the MACE
experiment at the J-PARC muon facility, which aims to
achieve a sensitivity PMμ→M̄μ

≲ ×10−13 [114].
Finally, for muon-to-electron conversion, we follow the

procedure of Refs. [124,137,138]. Recently, the “effective
field theory tower” for muon-to-electron conversion was
extended down to the nonrelativistic effective theory,
allowing for a more general parametrization of the response
of nuclear targets [139]. Here, we will consider only the
coherent conversion process, in which case the transition
rate can be written

ωcaptCRðμ → eÞN ¼ m3
μ

4

���L�
eγ;21DN þ 4mμðC̃SL

ðpÞS
ðp;NÞ þ C̃VR

ðpÞV
ðp;NÞ þ ðp → nÞÞ

���2 þ ðL ↔ RÞ; ð13Þ

whereDN , Sðp=n;NÞ, and Vðp=n;NÞ are numerical quantities related to the overlap integrals between the lepton wave functions
and the nucleon densities. Reference [137] evaluates these overlap integrals using several different methods appropriate for
various nuclei. We simply take the average of the different results; for aluminum nuclei, the differences are at the percent
level, while for gold the different methods yield results that differ from a few to a few tens of percent,

DAl ¼ 0.03595; Sðp;AlÞ ¼ 0.0154; Sðn;AlÞ ¼ 0.0165; Vðp;AlÞ ¼ 0.0160; Vðn;AlÞ ¼ 0.0171;

DAu ¼ 0.178; Sðp;AuÞ ¼ 0.05685; Sðn;AuÞ ¼ 0.0764; Vðp;AuÞ ¼ 0.09165; Vðn;AuÞ ¼ 0.127: ð14Þ
The effective couplings C̃SL, C̃VR, etc., are given by weighted sums over the nucleon form factors for the individual quarks,

C̃VR
ðp=nÞ ¼

X
q¼u;d;s

�
ðLV;LR

eq;21qqÞ� þ LV;RR
eq;12qq

�
fðqÞVp=n; C̃VL

ðp=nÞ ¼
X

q¼u;d;s

�
LV;LR
eq;12qq þ LV;LL

eq;12qq

�
fðqÞVp=n;

C̃SL
ðp=nÞ ¼

X
q¼u;d;s

�
ðLS;RR

eq;21qqÞ� þ ðLS;RL
eq;21qqÞ�

�
fðqÞSp=n; C̃SR

ðp=nÞ ¼
X

q¼u;d;s

�
LS;RR
eq;12qq þ LS;RL

eq;12qq

�
fðqÞSp=n: ð15Þ

The nucleon form factors are given by

fðuÞSp ¼ ð20.8� 1.5Þ × 10−3; fðdÞSp ¼ ð41.1� 2.8Þ × 10−3; fðsÞSp ¼ ð43� 11Þ × 10−3;

fðuÞSn ¼ ð18.9� 1.4Þ × 10−3; fðdÞSn ¼ ð45.1� 2.7Þ × 10−3; fðsÞSn ¼ ð43� 11Þ × 10−3;

fðuÞVp ¼ 2; fðdÞVp ¼ 1; fðsÞVp ¼ 0; fðuÞVn ¼ 1; fðdÞVn ¼ 2; fðsÞVn ¼ 0: ð16Þ
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Here, the form factors for vector operators are determined
by vector-current conservation. For the scalar operators, we
follow Refs. [124,140] and take the values of the up- and
down-quark factors from the two-flavor chiral perturbation
theory calculation described in Refs. [141,142]. The form
factors for the strange quarks are taken from the average of
lattice calculations, presented in Ref. [143], which is in
agreement with effective field theory calculations in
Refs. [144,145]. Note that we neglect the uncertainties
on these form factors in our calculations, for simplicity.

B. Flavor-violating decays of the Z boson

Additional constraints on lepton flavor violation can be
derived from constraints on the decays of the Z and Higgs
bosons. As flavor-violating decays of the Higgs boson will
also be well tested at a future muon collider, we postpone a
discussion of these constraints until Sec. III and here focus
on the decays Z → lþi l

−
j . As these processes involve decays

of particles near the weak scale, a tree-level, leading order
description of the decays directly in terms of the SMEFT
operators evaluated at the weak scale will be satisfactory for
our purposes.
The width for lepton-flavor-violating Z decays is given by

ΓðZ → lþi l
−
j Þ ¼

M3
Z

6πv2

�
jδglLij j2 þ jδglRij j2

�
; ð17Þ

where the anomalous Z couplings are related to the SMEFT
coefficients by

δglLij ¼ −
1

2
v2ðCð1Þ

Hl;ij þ Cð3Þ
Hl;ijÞ; δglRij ¼ −

1

2
v2CHe;ij:

ð18Þ
This competes with the total width in the SM,
ΓZ;SM ¼ 2.4955 GeV [146].
The best constraints on LFV Z decays are set by the

ATLAS and CMS Collaborations [116,117,147]. These
searches are statistically limited, and we obtain projections
for the HL-LHC limit by scaling the expected results from
Refs. [116,117,147] to 3 ab−1, assuming that the searches
remain statistics limited. These constraints are unlikely to
improve at future muon colliders, as the final states are
relatively distinctive at hadron machines and the production
cross section for on-shell Z bosons is not substantially
larger with high-energy muon collisions. FCC-ee is
expected to improve further from the HL-LHC limit due
to its superior momentum resolution and Zmass resolution,
by 1–3 orders of magnitude depending on potential
improvement on the μ → e mistagging rate [148] (cf. [90]).

III. LEPTON-FLAVOR-VIOLATING
HIGGS DECAYS

In this section, we consider flavor-violating decays of the
Higgs boson, both at the LHC and future muon colliders.

Such decays have previously been studied in other colliders
[128,149–151].
In the context of flavor-violating Higgs boson decays, it is

useful to temporarily step back from the effective field
theory approach used in the rest of this paper and work
instead with a general (i.e., not necessarily diagonal)
coupling matrix for the Higgs scalar and the charged leptons,

L ⊃ −Ye
ijhēL;ieR;j þ H:c: ð19Þ

In the SMEFT, these Yukawa couplings are of the form

Ye
ij ¼

mi

v
δij −

v2ffiffiffi
2

p
Λ2

CeH;ij: ð20Þ

The parametrization in Eq. (19) is more general for the
purposes of understanding Higgs boson decays because it
can also be applied to models with additional Higgs doublets
with a more complex flavor structure. In this case, the new
mass scales can be at the electroweak scale, so the EFT
expansion is not a good description, even if the strongest
constraints come from precision measurements of the
125 GeV resonance.
The width of the decays h → lilj is given by5

Γðh → liljÞ ¼
mh

8π

�
jYe

ijj2 þ jYe
jij2

�
: ð21Þ

This can be compared directly to the branching ratios
measured by the experiments, using the SM value of the
width Γh;SM ¼ 4.07 MeV [152].
The ATLAS and CMS Collaborations have searched for

lepton-flavor-violating decays h → eμ, eτ, and μτ
[118,119,153,154], summarized in Table I. The strongest
of these constraints is on the eμ final state, whose branching
ratio is constrained to be <4.4 × 10−5 [118]. All of these
searches are statistically limited, and the high-luminosity
phase of the LHC will improve each of these constraints by
nearly an order of magnitude.6 The projected constraints in
Table I are obtained by simply rescaling the expected limits
from Refs. [118,119], assuming the systematic uncertain-
ties remain subdominant, improving by the same factor as
the statistical component.
The prospects for LFV Higgs boson decays have also

been studied in the context of eþe− Higgs factories in
Ref. [150]. They were found to be similar to the HL-LHC
projections mentioned above, with Oð1Þ improvements on
the μτ and eτ final states.

5In this manuscript, we always mean the combination of the
modes h → lþi l

−
j and h → l−i l

þ
j .6The most recent search for h → τμ and h → τe in ATLAS

actually has amodest upward fluctuation, preferring BRðh → τeÞ ≃
BRðh → τμÞ ≃ 0.1% [119]. These fluctuations are only at the
∼2σ level, but will be decisively tested with the next run of
LHC data.
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A. LFV Higgs decays at a high-energy muon collider

We now wish to understand how well these flavor-
violating decays can be measured at a high-energy muon
collider. Muon collisions at TeV energies yield large rates
for Higgs production via vector boson fusion in an
environment that is relatively clean from hadronic back-
grounds. This makes muon colliders powerful machines for
Higgs precision studies. For instance, Refs. [35,36] studied
the attainable precision on all the SM Higgs boson
couplings using a Delphes [155] fast simulation of a
hypothetical muon collider detector. These projections
were validated with a more detailed detector simulation,
including beam-induced background, in Ref. [156].
In this section, we will extend these studies to the beyond

the Standard Model decays h → lilj. As in later sections,
we will focus on the capabilities of a

ffiffiffi
s

p ¼ 10 TeV
collider. We generate samples of Higgs boson production
via vector-boson fusion using MadGraph5 [157] and decay
the Higgs boson to the different lepton-flavor-violating
final states using MadSpin [158]. The lepton-flavor-violating
interactions were implemented by including the dimension-
six operatorsOeH using the SMEFTsim model file [159,160],
with the most general flavor scheme. For the eτ and μτ final
states, we focus on the hadronic decays of the τ only, which
are generated by interfacing to Pythia8 [161].
To obtain a realistic estimate of the attainable sensitivity

on the LFV Higgs branching ratios, we perform a para-
metrized detector simulation using the muon collider
detector card shipped with Delphes [155]. This is the same
card that was used in the studies in Refs. [35,36], and more
detailed information on its performance can be gleaned
from the analyses therein. Jets were clustered using FastJet

[162] with the kt algorithm [163,164] with R ¼ 0.5.
Consistent with Refs. [35,36], a flat τ-tagging efficiency
of 80% was assumed for jets originating from hadronic
τ decays with a reconstructed transverse momentum
pT;j > 10 GeV within jηjj < 2.5. These parameters are
consistent with a 2% mistag rate for QCD jets and a 0.1%
mistag rate for electron energy depositions, both of which are
small enough that the reducible backgrounds in our study are
insignificant compared to the irreducible ones discussed
below, the only exception being the μ−V → μþτ−τ− process
discussed in Sec. IV E.

The irreducible backgrounds to the LFV Higgs boson
decay processes are lνl0ν production through intermediate
W bosons and τþτ− pair production, with at least one of the
τ’s decaying leptonically. The former includes both proc-
esses that produce on-shell W bosons that decay promptly,
as well as nonresonant production of the final-state leptons,
e.g., through diagrams such as that shown in Fig. 1. Both
lνl0ν and τþτ− backgrounds can be produced either through
direct μþμ− annihilation or via vector-boson scattering
processes, where the additional beam remnants are
assumed to be undetected. As these are the only direct
ways of producing different flavor leptons in high-energy
lepton collisions, these background processes will play a
role in the other flavor-violating probes studied in Sec. IV
as well. Additional backgrounds such as tt̄ production,
which are the dominant background at the LHC, are much
easier to remove in the relatively clean hadronic environ-
ment of a muon collider, due to the additional objects in
the event.
For the annihilation and charged VBF production modes,

the background processes can be simulated directly in
MadGraph. For the neutral VBF backgrounds, there is a
singularity associated with the muons scattering in the
forward direction, so we instead employ the effective vector
approximation (EVA) [165,166] in MadGraph [20]. To
validate this approach, we performed additional simula-
tions including the forward muons explicitly: for τþτ−
production, the forward singularity is integrable, and we
verified explicitly that the bulk of the cross section arises
from the forward limit, with only a tiny fraction of the
events containing muons with appreciable transverse
momentum and finite pseudorapidity, none of which passed
the selection cuts described below. For the lνl0ν back-
ground, avoiding the IR divergence in the forward direction
requires explicit cuts on the transverse momentum and
pseudorapidity of the muons. We verified that, as these cuts
were relaxed from jηj < 4 to jηj < 8 and pT;μ > 20 to
pT;μ > 5 GeV, our estimate of the number of events
passing all the selection criteria was unchanged and was
always several orders of magnitude smaller than the
background estimated with the EVA. Given these results,
we restrict our attention to the EVA estimates of these
backgrounds in what follows.

FIG. 1. Feynman diagrams for the vector-boson fusion (VBF) production of a Higgs boson, decaying to lepton-flavor-violating final
states (left) and for SM backgrounds that produce different flavor final-state leptons (middle and right).
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To isolate the Higgs decay signal, we impose several
selection cuts on the events. These cuts are informed by
various kinematic distributions, some of which are shown
in Fig. 2. For the h → eμ signal, we require exactly one
reconstructed electron and muon in the central region with
jηj < 2.5, each with pT > 30 GeV. The primary discrimi-
nant is the invariant mass of the eμ pair, which we require to
lie in the range 122.5 < meμ < 127 GeV (see Fig. 2, top
left). We additionally require a modest boost of the
reconstructed Higgs boson system, pT;eμ > 80 GeV (see
Fig. 2, bottom left). To eliminate the significant component
of the background arising from on-shell WþW− or τþτ−
pairs with decays to multiple neutrinos, we also compute
the “stransverse mass’’ of the system,MT2 [167,168] using
the library provided by Ref. [169]. For the on-shellWþW−

and τþτ− components of the background with no additional
missing transverse momentum component,MT2 is bounded
above by MW or mτ, so a cut MT2 > 80 GeV eliminates a
significant component of the background events (see Fig. 2,
bottom right). The remaining background events have
a significant amount of missing transverse momentum
that is not characteristic of the signal, so we impose a
cut ET;miss < 350 GeV.

The h → τe and h → τμ analyses are quite similar, except
that we require one τ-tagged jet with pT;j > 30 GeV in the
final state along with the charged lepton. Because of the
lower-energy/momentum resolution for jets, along with
the losses from the invisible part of the hadronic τ decays,
keeping a large fraction of the signal requires a much larger,
asymmetric window for the invariant mass of the recon-
structed Higgs boson: we require 80<mτe;mτμ<130GeV
(see Fig. 2, top right). The cuts on pT;h,MT2, and ET;miss are
the same as above.
In Table II, we summarize the number of events from the

signal and the relevant backgrounds for each LFV Higgs
decay channel. The signal events assume the relevant
CeH;ij=Λ2 ¼ 1=ð10 TeVÞ2 for illustration, and we assume
a total integrated luminosity of 10 ab−1. The σ × BR
column shows the total cross section for each signal or
background process after requiring the correct number of
final-state particles are reconstructed (e.g., exactly one of
each flavor lepton considered with sufficient transverse
momentum and within the central region jηj < 2.5). Note
that this includes the efficiency for identifying the jets as
hadronic τ decays. This allows for a more direct compari-
son between the different backgrounds where the cross

FIG. 2. Histograms of kinematic observables from toy datasets of the h → lilj signal and the different backgrounds, after applying
basic preselection cuts demanding the correct number of reconstructed particle objects. Top row: invariant mass of the lepton pair for the
μe and τμ analyses (the plot for the τe analysis is essentially identical to the latter). Bottom row: the pT of the reconstructed Higgs boson
and theMT2 variable from the μe analysis. The ττ background contribution is both small in magnitude and sufficiently diffuse to remain
undetectable in the bottom left and bottom right histograms. The vertical dashed lines denote the cuts on the variable; see the text for
details.
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section may be computed inclusively or exclusively but the
forward particles are not observed. The efficiency column
shows the fraction of events passing all other cuts (on the
invariant mass, the Higgs boson pT and the MT2 of the
event), while the last just shows the expected number of
events assuming 10 ab−1 total integrated luminosity.
Given the expected number of background events, we

derive an upper limit on the branching ratio of the Higgs
boson to each final state at 95%CL, using the Gaussian
approximation for the likelihood and neglecting any
systematic uncertainties. The projected branching ratio
constraints are

BRðh → μeÞ < 9.9 × 10−6;

BRðh → τeÞ < 8.4 × 10−5;

BRðh → τμÞ < 7.7 × 10−5: ð22Þ
The projected constraint on h → μe is essentially the same
as the one from HL-LHC—this is not unexpected, as the

eμ final state does not suffer from significant hadronic
backgrounds, so the large cross section for Higgs produc-
tion in proton collisions can be leveraged for a strong
constraint, and the advantages of muon collisions are less
apparent. For the τe and τμ final states, on the other hand,
the muon collider projections represent an order of magni-
tude improvement compared to HL-LHC.
The constraints from LFV Higgs boson decays on the

off-diagonal entries of the Yukawa matrices as in Eq. (19)
are summarized in Fig. 3. Here, the constraints from low-
energy processes such as li → ljγ are included by trans-
lating the bounds derived on CeH;ij in the last section into
constraints on Ye

ij using Eq. (20). In each case, we show the
two relevant off-diagonal couplings for μ − e, τ − e, and
τ − μ transitions, respectively. The dashed gray line indi-
cates the theoretical bound jYijYjij ¼ mimj=v2, above
which fine-tuning is required to obtain the observed,
hierarchical masses for the SM fermions from electroweak
symmetry breaking. The opposite axes show the SMEFT

TABLE II. Summary of the expected number of events passing the selection cuts described in the text for the LFV
Higgs boson decay signal and backgrounds. The reported cross sections account for the preselection requiring the
correct number of leptons or jets in the central region (jηj < 2.5) with pT > 30 GeV, for a fair comparison across the
different backgrounds. For each channel, we include only one SMEFT operator CeH;ij, noting that CeH;ji yields an
identical contribution.

Process σ × BR (fb) Efficiency Nevents (10 ab−1)

μe Signal, CeH;21=Λ2 ¼ 1=ð10 TeVÞ2 0.58 0.47 2706

μνeν (Annihilation) 14.6 2.8 × 10−5 4.1
(Charged VBF) 3.7 5.5 × 10−3 200
(Neutral VBF) 8.0 2.0 × 10−4 16

τ�ðμννÞτ∓ðeννÞ (Annihilation) 0.042 0.0 0
(Charged VBF) 0.60 7.5 × 10−4 4.5
(Neutral VBF) 1.7 0.0 0

Total background 225

τe Signal, CeH;31=Λ2 ¼ 1=ð10 TeVÞ2 0.25 0.53 1304

τνeν (Annihilation) 0.14 5.9 × 10−5 0.1
(Charged VBF) 1.2 7.2 × 10−2 887
(Neutral VBF) 2.8 1.8 × 10−3 51

τ�ðhadÞτ∓ðeννÞ (Annihilation) 0.15 0.0 0
(Charged VBF) 2.9 9.4 × 10−2 2800
(Neutral VBF) 9.0 5.0 × 10−5 4.5

Total background 3743

τμ Signal, CeH;32=Λ2 ¼ 1=ð10 TeVÞ2 0.29 0.53 1546

τνμν (Annihilation) 7.8 2.0 × 10−3 157
(Charged VBF) 1.6 6.8 × 10−2 1050
(Neutral VBF) 3.4 1.7 × 10−3 59

τ�ðhadÞτ∓ðμννÞ (Annihilation) 0.16 1.5 × 10−5 0
(Charged VBF) 3.3 9.4 × 10−2 3141
(Neutral VBF) 10.4 9.6 × 10−5 10

Total background 4417
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operator interpretation of the constraints as bounds on
Λ=

ffiffiffiffiffiffiffiffiffiffiffiffi
CeH;ij

p
. Note that the plots are symmetric around the

main diagonal as CeH;ij and CeH;ji have identical contribu-
tions to LFVobservable in the figure, see Eqs. (20) and (21).
The shaded regions in each plot indicate the present

constraints from low-energy precision experiments, pre-
dominantly μ → eγ, τ → eγ, and τ → μγ, in each situation.
For μ − e transitions, it is clear that the parameter space

testable in direct Higgs boson decays at current or future
colliders is already ruled out even by present precision
constraints. For τ − e and τ − μ transitions, on the other
hand, existing LHC constraints set the most stringent limits,
competitive even with projected future constraints from
Belle II. A high-energy muon collider represents the best
possibility for testing this important aspect of the Higgs
sector.

FIG. 3. Summary of the constraints on flavor-violating Higgs Yukawa couplings. We show the constraints for μ − e, τ − e, and τ − μ
flavor violation in the top left, top right, and bottom panels, respectively. Each plot shows the constraints in the plane of the two off-
diagonal couplings; the opposite axes show the constraints interpreted as constraints on the scale of the effective operator OeH. The
shaded region in each panel indicates the region excluded by various low-energy constraints (with projected low-energy constraints
indicated by the corresponding dashed lines), while the solid (dashed) orange line shows the current LHC bounds (HL-LHC
projections). The solid red curve shows the projected muon collider constraint. The dashed gray lines indicate a “fine-tuning” constraint
on the size of the off-diagonal elements, as discussed in the text.
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Future improvements in sensitivity to LFV Higgs boson
decays may arise from sophisticated kinematic variables
like the collinear mass, which is particularly effective for
τ-involving channels (see Ref. [154]). Moreover, deploying
modern tools such as machine learning techniques can yield
major gains in signal discrimination. Combined with the
simple strategy outlined here, these approaches highlight the
extraordinary promise of a future muon collider for explor-
ing BSM physics via LFV Higgs boson decays.

IV. FLAVOR-VIOLATING SCATTERING
PROCESSES AT A MUON COLLIDER

We now turn to additional probes of lepton-flavor-
violating new physics that are accessible only at a high-
energy muon collider. In contrast to the precision Higgs
decay measurements discussed in the previous section, here
we focus on high-energy scattering processes that involve
the lepton-flavor-violating interactions between the muon,
τ, and electroweak gauge/Higgs bosons in the Standard
Model. We focus on μ − τ transitions, in particular, because
muon colliders offer unique opportunities to explore these
processes in regimes that are inaccessible to current
precision experiments. As we will see, the capability to
scatter muons at high energy in a relatively clean environ-
ment leads to distinctive signatures that can test the physics
of lepton flavor in new ways. These processes will be
particularly important for characterizing new physics if a
signal is detected at next-generation precision machines,
such as Belle II or Mu2e.
In the rest of this section, we focus on five different

scattering processes that violate lepton flavor: μV → τh,
μW → τW, μμ → μτ, μV → τττ, and μ∓V → μ�τ∓τ∓ with
same sign τ leptons, where V ¼ γ, Z. Each of these
processes is sensitive to several combinations of the effective
operators in Eq. (1). On-shell Higgs and Z boson decays
discussed above, they receive contributions from four-point
vertices—either flavor-changing operators with electroweak
gauge/Higgs bosons or flavor-changing four-fermion oper-
ators. These lead to kinematically distinct, high-momentum
processes that take full advantage of the high energies
available at a 10 TeVmachine. A subset of these interactions
was studied in Refs. [18,58]. Here, we extend these works
with more detailed investigations covering the suite of LFV
interactions from dimension-six operators involving leptons
or electroweak gauge/Higgs bosons.
In each case, we simulate the signal process, along with

the primary, irreducible backgrounds, in MadGraph with the
same methodology used in Sec. III A. The events are again
passed through Pythia for decays, parton showering, and
hadronization, and then passed through Delphes with the
same muon collider detector card discussed in Sec. III A.
In all cases, we will focus on the hadronic decays of

the final-state τ. This choice takes full advantage of the
relatively clean hadronic environment available at a high-
energy lepton collider and keeps the largest fraction of the

events without suffering additional flavor-conserving back-
grounds. However, properly identifying these processes as
violating lepton flavor requires that the resulting jets can be
identified as arising from a τ. This “τ-tagging” has been
well studied in the context of the LHC, where τ jets are
distinguishable from light quark or gluon jets due to the
small number of charged tracks associated with them,
the distinctive jet mass, and their collimated geometry
[170,171]. This is an active area of research in the LHC
experiments, where recent advances in machine learning
promise improvements in the efficiency of tagging τ jets
and the rejection of QCD-induced backgrounds [172,173].
While the principles are the same at high-energy lepton
colliders, detailed studies are needed that properly examine
the expected capabilities at future muon collider detectors. In
particular, while the relatively clean hadronic environment
reduces contamination, there are challenges associated with
beam-induced backgrounds, and the typical boost for the jets
will be much larger, which makes distinguishing between
the low-multiplicity τ decays and QCD radiation inherently
more challenging. In the absence of a detailed study, we will
simply assume an 80% efficiency for tagging τ jets, with a
rejection rate for QCD jets of 2% and electrons of 0.1%. For
most of the processes we consider, these mistagging rates are
small enough to ignore any resulting reducible backgrounds,
with the exception of μ∓V → μ�τ∓τ∓ in Sec. IV E.
With all these choices, a relatively complete study of

these processes can be performed. As we will see, in each
case, a simple set of cuts is sufficient to reduce the
backgrounds to the Oð1–10Þ events level. More sophisti-
cated analyses involving combinations of observables
could easily reduce these backgrounds even further, but
we will leave these studies to future work when the design
and expected performance of future detectors are better
understood. We also defer a comprehensive treatment of
systematic uncertainties to future work, once the detector
design has matured.
In Table III, we summarize the production cross section

and the event count for all the signals and the most relevant
backgrounds for each process. As before, we assumeffiffiffi
s

p ¼ 10 TeV and 10 ab−1 data. For each process, we
report the signal event count with only one SMEFToperator
included. The quoted cross section and total event yield
include contributions from both the process and its con-
jugate. The following subsections detail our analyses for
each of these processes and the kinematic cuts. A summary
of the projected constraints and a comparison to low-energy
signatures is left to Sec. V.

A. μV → τh

We first consider the μV → τh process. This process
simultaneously tests two distinct sources of LFV: a μτγh
four-point interaction that arises from the dipole operators
OeB andOeW , as well as a μτZh interaction that arises from

OHe, O
ð1Þ
Hl , and Oð3Þ

Hl .
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TABLE III. Table summarizing the signal and background efficiencies and expected event rates at a
ffiffiffi
s

p ¼ 10 TeV muon collider for
the various processes we have considered. For each process (first column), we show the cross section times branching ratio (σ × BR),
efficiency and number of expected events (assuming 10 ab−1 integrated luminosity) for the signal (with a representative choice of
operators), and the non-negligible background processes. The cross section times branching ratio is reported for the process after the
preselection cuts requiring the correct number of reconstructed particle objects relevant for the process (including tagging efficiencies),
while the efficiency is only the ratio of these events that pass cuts on higher-level variables. Both the process and its complex conjugate
are included in calculating the cross section and the total event count. We elaborate on the cuts used for each process in the upcoming
sections. See text for details.

Process σ × BR (fb) Efficiency Nevents (10 ab−1)

μV → τh

Signal, CHe;μτ=Λ2 ¼ 1=ð10 TeVÞ2 1.4 × 10−2 0.53 75.2

Signal, Cð1Þ
Hl;μτ=Λ2 ¼ 1=ð10 TeVÞ2 1.4 × 10−2 0.54 74.8

Signal, Cð3Þ
Hl;μτ=Λ2 ¼ 1=ð10 TeVÞ2 1.4 × 10−2 0.54 74.8

Signal, CeB;μτ=Λ2 ¼ 1=ð10 TeVÞ2 0.79 0.57 4.50 × 103

Signal, CeW;μτ=Λ2 ¼ 1=ð10 TeVÞ2 0.21 0.54 1.13 × 103

μνhðbb̄Þ 1.1 × 10−2 1.2 × 10−2 1.4
μνbb̄ 6.4 × 10−2 3.0 × 10−3 1.8

Total background 3.4

μW → τW

Signal, CHe;μτ=Λ2 ¼ 1=ð10 TeVÞ2 6.6 × 10−2 0.32 216

Signal, Cð1Þ
Hl;μτ=Λ2 ¼ 1=ð10 TeVÞ2 6.6 × 10−2 0.233 155

Signal, Cð3Þ
Hl;μτ=Λ2 ¼ 1=ð10 TeVÞ2 6.6 × 10−2 0.231 154

Signal, CeB;μτ=Λ2 ¼ 1=ð10 TeVÞ2 8.9 × 10−3 0.016 1.4
Signal, CeW;μτ=Λ2 ¼ 1=ð10 TeVÞ2 0.6 0.213 1.29 × 103

τντjj (Annihilation) 4.2 × 10−2 2.5 × 10−3 0.98

ττ
(Annihilation) 6.4 × 10−1 1.7 × 10−4 0.24
(Charged VBF) 22.6 2.9 × 10−6 0.64

Total background 1.87

μμ → μτ

Signal, Cee;μμμτ=Λ2 ¼ 1=ð10 TeVÞ2 4.1 × 102 0.19 8.00 × 105

Signal, Cll;μμμτ=Λ2 ¼ 1=ð10 TeVÞ2 4.1 × 102 0.21 8.76 × 105

Signal, Cle;μμμτ=Λ2 ¼ 1=ð10 TeVÞ2 1.0 × 102 0.23 2.38 × 105

Signal, Cle;μτμμ=Λ2 ¼ 1=ð10 TeVÞ2 1.0 × 102 0.25 2.57 × 105

μν̄μνττ 8.1 6.2 × 10−5 5.0

μV → τττ

Signal, Cee;ττμτ=Λ2 ¼ 1=ð10 TeVÞ2 8.9 × 10−2 0.73 650
Signal, Cll;ττμτ=Λ2 ¼ 1=ð10 TeVÞ2 9.0 × 10−2 0.69 624
Signal, Cle;μτττ=Λ2 ¼ 1=ð10 TeVÞ2 1.1 × 10−2 0.71 78.2
Signal, Cle;ττμτ=Λ2 ¼ 1=ð10 TeVÞ2 1.1 × 10−2 0.72 80.8

μ∓V → μ�τ∓τ∓

Signal, Cee;μτμτ=Λ2 ¼ 1=ð10 TeVÞ2 4.6 × 10−2 0.90 414
Signal, Cll;μτμτ=Λ2 ¼ 1=ð10 TeVÞ2 4.7 × 10−2 0.86 399
Signal, Cle;μτμτ=Λ2 ¼ 1=ð10 TeVÞ2 1.2 × 10−2 0.83 95.8

4τ (annihilation; central μ and 2τ) 2.7 × 10−4 0.66 1.8
νμμνττττ (central μ and 2τ) 7.2 × 10−3 0.04 3.2

μWνμττ 1.3 × 10−2 0.03 3.9
μνμτντjj (jet mistag) 1.8 × 10−2 0.05 8.3

Total background 17.2
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In both cases, our primary interest is in the μV → τh
subprocess contained in Fig. 4 (top left), in which the Higgs
boson and τ are scattered with high momentum. The
additional muon in the final state, which radiates the γ or
Z is deflected at a small angle and is thus generally not
visible in the detector. As a result, this process can, in
principle, be treated with the effective vector approximation.
In practice, however, we simulate the full 2 → 3 process
μþμ− → μ�τ∓h, keeping the initial- and final-state muon
legs explicit to capture contributions from diagrams such as
the top right-hand panel of Fig. 4. These are subdominant in
the region we are most interested in, but are included in our
simulation for consistency.
For the final-state Higgs boson, we focus on the dominant

branching fraction h → bb̄, again taking advantage of the
relatively clean hadronic environment. As we will be
primarily interested in the boosted regime to separate
the signal from irreducible backgrounds, the two b jets
are nearly collinear. We thus consider jets clustered with a
larger radius parameter R ¼ 1.0, still with the kT algorithm,
so that all the (hadronized) Higgs decay products are
consistently clustered in a single jet object. Such jet objects
containing B hadrons are distinct from ordinary QCD jets
due to the displaced secondary vertices and semileptonic
decay products, and sophisticated algorithms have been
developed by the ATLAS and CMS experiments to tag these
“b jets” [174–178]. We assume that similar performance is
attainable at a future high-energy muon collider and adopt a
flat, 80% efficiency for tagging these “double-b jets,” with
mistagging rates small enough that any reducible back-
grounds can be neglected.
Our signal is thus a single hadronic τ and a h → bb̄

resonance. The additional muon in the signal process is

generally in the forward direction, so rather than selecting
for it, we veto events with a central (pT > 30 GeV and
jηj < 2.5) muon. This helps mitigate other potential irre-
ducible backgrounds with leptonically decaying W bosons
or τ leptons.
The remaining, significant, irreducible backgrounds come

from the production of τνbb̄ final states, where the τ and ν
arise from an intermediateW leg, and the bb̄ can come from
either a resonant Higgs boson (e.g., in associated Wh
production) or from continuum QED processes.7 Both of
these backgrounds are produced via vector-boson fusion, as
illustrated in the example diagrams in the bottom rowofFig. 4.
As with the lνl0ν backgrounds for the Higgs decays

studied in Sec. III A, there are cases where the full back-
ground process including the final-state muons/neutrinos
suffers from a collinear divergence at fixed order. To
simulate them, we thus again employ the effective vector
approximation. To ensure that we are not artificially
excluding events where a small amount of transverse
momentum for the radiated vector bosons would change
the kinematics enough to avoid our selection cuts, we also
simulate the full process with a small, explicit cut on the
transverse momentum and pseudorapidity of the final-state
muon to avoid the collinear singularity. We find consistent
results as these cuts are varied, and the selection criteria
discussed below suppress this contribution to <0.1 events,
so we will focus only on the EVA-induced component in
the remainder.
In contrast to the signal, which involves a high-energy

scattering process from one of the colliding muons, the

FIG. 4. Top row: Example diagrams contributing to the μþμ− → μ�τ∓h scattering process at a high-energy muon collider, arising
from insertions of dimension-six lepton-flavor-violating operators. The first diagram includes the μV → τh subprocess of interest, with
the additional muon traveling in the forward direction. The other diagrams contribute at the same order and are included in our
simulations for consistency. Bottom row: example diagrams for processes that serve as irreducible backgrounds to the μμ → μτh signal.

7We use the word “continuum,” despite the fact that many of
the events arise from resonant Z → bb̄ production.
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backgrounds are produced entirely from the scattering of
radiated vector bosons, and the resulting final states are
produced at correspondingly lower energy. This is illus-
trated in Fig. 5 (left), where we show a histogram of the
transverse momentum of the reconstructed h → bb̄ jet,
with each process independently normalized. Requiring
pT;jðbbÞ > 1.5 TeV eliminates a substantial fraction of the
VBF-induced backgrounds. Aside from this, we require
that the jet mass of the double-b-tagged fat jet be near the
Higgs boson mass, 100 < mjðbbÞ < 140 GeV, which, as
illustrated in Fig. 5 (right), significantly reduces the
continuum τνbb̄ background. Finally, we require =ET >
60 GeV on the missing transverse energy (MET), which
helps eliminate potential collinear backgrounds, while the
signal process generally has appreciable missing energy
arising from the neutrino in the hadronic τ decay.

After these selection cuts, the mean number of total
expected background events based on our simulations is 3.4
events, coming in roughly equal parts from the τνh and
continuum τνbb̄ components. See Table III for a break-
down of signal and background counts. The signal proc-
esses, on the other hand, pass the pT;jðbbÞ, mjðbbÞ, and
=ET cuts with a∼53% efficiency. This efficiency is essentially
unchanged irrespective of whether the signal arises from a
dipole interaction or from a τμZh vertex. A detailed break-
down of the efficiencies for the signal process and each
background is given in the first section of Table III.
Assuming only one operator contributes at a time, we

can compute the yield for the signal process, taking
Ci=Λ2 ¼ 1=ð10 TeVÞ2 as a benchmark. Including both a
process and its conjugate, we find the resulting event yields
SO for operator O and for 10 ab−1 data is given by

SOeB
≃ 4500 events ×C2

eB

�
10 TeV

Λ

�
4

; SOeW
≃ 1130 events ×C2

eW

�
10 TeV

Λ

�
4

; SOX
≃ 75 events ×C2

X

�
10 TeV

Λ

�
4

for OX ¼Oð1Þ
Hl ;O

ð3Þ
Hl ;OHe; ð23Þ

where we have suppressed the flavor indices ij ¼ μτ on the
Wilson coefficients above for clarity. For more general
scenarios where multiple Wilson coefficients are turned on,
one must take into account the interference between the two
dipole operators, OeB and OeW , and between the two left-

handed current operators, Oð1Þ
Hl and Oð3Þ

Hl . The rest of the
operators do not mutually interfere.
It is clear from Eq. (23) that the dipole operators OeB,

OeW yield larger signal rates at a given scale; however,
these compete with the significantly stronger precision
constraints, as we will discuss further in Sec. V.

B. μW → τW

We next consider the μW → τW process. It is sensitive
to the same set of operators as μV → τh, but tests different

linear combinations of them and—as we will see—
provides stronger constraints on OHe and OeW . As before,
we do not use the effective vector boson approximation
for simulating the signal and focus on diagrams like those
in Fig. 4, but with the Higgs or neutral vector boson
replaced with a W boson, together with the necessary
SUð2ÞL rotations on the final-state leptons for the SM
vertices.
We again focus on fully hadronic final states. For the

signal process, the hadronic decay products of theW boson
are highly collimated and are therefore clustered into a
single jet. The event selection is thus similar to the hτ final
state discussed above, consisting of a τ jet and a second fat
jet. In this analysis, we do need to tag theW jet, since there
are no reducible backgrounds with a single fat jet that does
not originate from a W.

FIG. 5. Histograms of the pT and mass of reconstructed Higgs boson from a fat jet system with two b tags for both the signal (red) and
dominant τντh (orange) and τντbb̄ (green) backgrounds with each process independently normalized. The vertical dashed lines denote
the cuts on the variable; see the text for details.
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There are two sources of significant backgrounds. One is
from τντjj with the two jets bundled into a single fat jet;
this background dominantly arises from two intermediate
W bosons, with one decaying to τν and one decaying
hadronically. Another background is ττ production, with
both τ leptons decaying hadronically but with only one
correctly tagged as τ jet. Note that in both the signal and the
τντjj background processes we expect the fat jet to carry all
of the intermediate W energy, while the τ-tagged jet only
carries around half of the τ energy (with the other half
carried by the undetected neutrino). Thus, for these
processes we typically expect the τ-tagged jet to be the
softer of the two final-state jets.
As already noted, the signal arises from hard scattering of

an incoming muon and a radiated gauge boson, whereas the
background originates from the scattering of two radiated
vector bosons, which carry only a fraction of the muon
beam energy. This difference informs the cuts that can be
used to subtract the background. Specifically, we impose
lower bounds on the transverse momenta of the leading
and subleading final-state jets, requiring pT;j1 > 1500 and
pT;j2 > 500 GeV. For the same reason, we expect the
signal to be more forward than the background. Thus,
we impose a cut on the pseudorapidity of the missing
momentum vector, =p, jη=pj > 2.

The distinct topologies of signal and background make
the angular separation between the missing momentum and
the softer jet, i.e.,

ΔRsoft ≡
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðηj2 − η=pÞ2 þ ðϕj2 − ϕ=pÞ2

q
; ð24Þ

a powerful discriminator. In VBF backgrounds, forward
leptons escaping down the beam pipe carry large energies
whose momenta mostly cancel; the remaining missing
momentum is then dominated by the neutrino from the
τ decay and tends to be aligned with the τ-tagged (softer) jet,
yielding a small ΔRsoft. In contrast, the signal is initiated by
an incoming muon and a gauge boson, so a substantial
fraction of the missing momentum is carried along the beam
pipe and dominates the net missing momentum. The visible
system recoils against this, leading to a large separation
between the softer jet and the missing momentum vector.
Therefore, imposing a lower bound on ΔRsoft enhances the
signal over the background.

The combined selection cuts described above substan-
tially suppress the τνjj background. To demonstrate their
effectiveness, Fig. 6 shows representative histograms, with
the chosen cut values indicated for each kinematic variable.
This figure illustrates that the ττ background can further be
suppressed by a cut on MT2 [167]. Unlike the signal, for
backgrounds with ττ production,MT2 is bounded above by
the τ mass, so imposing MT2 > 50 GeV efficiently
removes these events. Finally, and similar to the previous
section, we require a lower bound on the missing transverse
energy =ET > 50 GeV.
Putting all these cuts together, we can calculate the final

signal event counts for different SMEFT operators,

SOeB
≃ 1.4 events × C2

eB

�
10 TeV

Λ

�
4

;

SOeW
≃ 1290 events × C2

eW

�
10 TeV

Λ

�
4

;

S
Oð1Þ

Hl
≃ 155 events × Cð1Þ

Hl
2

�
10 TeV

Λ

�
4

;

SOð3Þ
Hl
≃ 154 events × Cð3Þ

Hl
2

�
10 TeV

Λ

�
4

;

SOHe
≃ 216 events × C2

He

�
10 TeV

Λ

�
4

: ð25Þ

The proposed cuts also reduce each backgrounds to Oð1Þ
events, see Table III.

C. μμ → μτ

Our next process is μμ → μτ. This signal arises from a
single vertex with an LFV four-fermion operator insertion
(see the left panel of Fig. 7). As a result, the cross section
experiences a relative growth with the center-of-mass
energy

ffiffiffi
s

p
, making it a particularly attractive target for

high-energy colliders. The operators that contribute include
four different four-fermion operator helicity structures:
Cμμμτ
ee , Cμμμτ

ll , Cμμμτ
le , Cμτμμ

le ; see Eq. (1) for their definitions.
All of these have fairly large cross sections, as displayed in
Table III. As before, we will focus on the hadronic τ decay,
so that the final state in the detector will be a τ jet and a
single visible muon.

FIG. 6. Normalized histograms of the missing momentum pseudorapidity (left), the ΔR between the subleading jet and missing
momentum vector =p (middle), and the stransverse mass MT2 (right) for the signal in red and the leading lνjj and τþτ− backgrounds in
orange and green, respectively. The vertical dashed lines denote the cuts on the variable; see the text for details.
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The primary background for this signal is μμ → μνμτντ.
This gets several contributions including the decay of on-
shell τ pairs where one decays to a muon and of on-shellW
pairs where one decays to a τ and the other decays to a
muon. Each of these on-shell decays contributes roughly
∼2% of the total background, though they are a larger
fraction of the higher pT events. With only basic selection
cuts (muon and τpT ≥ 100 GeV and jηj ≤ 2.5), this back-
ground appears large, with 4.0 × 104 events expected at a
benchmark luminosity of 10 ab−1.
To suppress this background, we impose more stringent

cuts on the minimum muon transverse momentum and
energy, requiring pT > 4300 and E > 4900 GeV, respec-
tively, along with an upper bound ofMT2 < 15 GeV. These
cuts are illustrated in Fig. 8. The muon pT requirement
effectively separates signal from background, as relatively
forward muons are far more common in background

processes than in the signal. The additional cut on muon
energy provides further discrimination, since in the signal
the muon typically shares energy with fewer final-state
particles and is therefore somewhat more energetic. The
MT2 variable also aids in distinguishing signal from
background, as it is sensitive to missing energy and thereby
to the number of neutrinos in the event. AlthoughMT2 was
not originally designed for this purpose, it serves
adequately for our study; further optimization, e.g., poten-
tially involving alternative missing-energy observables or
machine-learning-based methods, could provide even
stronger separation.
After these selection cuts, only 5.0 expected background

events remain, but signal passes with between 19% and
25% efficiency (see Table III). Assuming we only consider
one operator at a time, this gives signal yields of

SOee
≃ 8.00 × 105 events × Cμμμτ

ee

�
10 TeV

Λ

�
4

; SOμμμτ
le

≃ 2.38 × 105 events × Cμμμτ
le

�
10 TeV

Λ

�
4

;

SOll
≃ 8.76 × 105 events × Cμμμτ

ll

�
10 TeV

Λ

�
4

; SOμτμμ
le

≃ 2.57 × 105 events × Cμτμμ
le

�
10 TeV

Λ

�
4

: ð26Þ

One might also be concerned about similar final states
arising from charged or neutral VBF processes. However,
these backgrounds feature muons with transverse momenta
and energies that are significantly lower than those in the
signal and are therefore efficiently removed by our selec-
tion cuts. For completeness, we also checked potential
reducible backgrounds for this operator. In particular, we
examined backgrounds such as μμ → μνμjj to account for
the possibility that jets could be mistagged as τ leptons at a

rate of 0.02 and confirmed they are likewise eliminated by
our selection criteria.

D. μV → τττ

Next we consider μV → τττ. An example contribution
for this process is shown in the center of Fig. 7. The four-
fermion operators that contribute are Cττμτ

ee , Cττμτ
ll , Cμτττ

le , and
Cττμτ
le , and we again restrict to hadronic τ decays.

FIG. 7. Example diagrams for four-fermion signals μμ → μτ (left), μV → τττ (center), and μ−V → μþτ−τ− (right).

FIG. 8. Normalized histograms of the distributions of the muon pT (left), the muon energy (middle), and theMT2 of the system (right) for
the μμ → μτ signal (red) and the μτνμντ background (green). The vertical dashed lines denote the cuts on the variable; see the text for details.
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All of the backgrounds for this signal are negligible with
a relatively loose cut of 500 GeVon the transverse momenta
of the hardest two jets and of 50 GeV on the missing
transverse energy. The irreducible background for this
signal is WþZ=γ → ν̄ττ

þτþτ−. Since it is computationally
intractable to run this with a forward muon and neutrino, we
studied this background using the effective vector approxi-
mation. Additionally, we imposed generator level cuts of
50 GeVon the pT of the softest τ jet and on the pT of ντ, as
well as a cut of 450 GeV on the hardest two τ jets for
sufficient sampling. The combination of these cuts is
sufficient to reduce the background to a total of ≪1 events,
making it effectively negligible. These cuts work because
the signal process includes one of the hard partons, while
the background is at pT because it comes from the
interaction of two gauge bosons. In addition to this
irreducible background, there are also backgrounds from
four τ’s (produced either through annihilation or neutral or
charged VBF) where only three are reconstructed and from
a jjττ final state (again produced via annihilation or VBF)
where the light jets are mistagged as a single τ. In both
cases, a pT of 500 on the hardest two jets is also sufficient to
eliminate these backgrounds.8

Given the negligible backgrounds for this process, we
only impose the loose cuts previously mentioned. This
corresponds to signal yields of

SOee
≃ 650 events × Cττμτ

ee

�
10 TeV

Λ

�
4

;

SOμτττ
le

≃ 78 events × Cμτττ
le

�
10 TeV

Λ

�
4

;

SOll
≃ 624 events × Cττμτ

ll

�
10 TeV

Λ

�
4

;

SOττμτ
le

≃ 81 events × Cττμτ
le

�
10 TeV

Λ

�
4

: ð27Þ

E. μ∓V → μ�τ∓τ∓
Finally, we consider μ∓V → μ�τ∓τ∓. This process is

similar to the one studied in the last section except for the
existence of a muon instead of one of the final τ’s (see the
right panel of Fig. 7). It is LFVonly if the two final-state τ’s
have the same charge and arises from the four-fermion
operators Cμτμτ

ee , Cμτμτ
ll , and Cμτμτ

le with ΔLμ ¼ −ΔLτ ¼ �2.
Again we require both τ’s decay hadronically and tag the
sign of the muon to make sure that we end up with two τ’s
of the same sign.
For our predictions, we will assume we do not have

additional information about the sign of the τ from the τ jet.

This is a conservative assumption since it leads us to
consider additional background with τ’s that have opposite
signs. Since these backgrounds are already small, τ charge
tagging is not expected to notably change the scales to
which this process is sensitive, but could slightly reduce the
number of background events. Either the observable jet
charge [179,180] or machine learning techniques that
capture the same information [181,182] could be utilized
for this purpose.
There are several different possible irreducible back-

grounds. Two possibilities come from different kinematic
regions ofWþV → νττ

þτþτ−. One is a beam muon moving
out of the forward and into the central region while
simultaneously detecting only two τ jets, and the other
comes from one of the τ’s decaying to a muon and the
others being tagged hadronically. A pT cut of 500 GeVon
the leading τ jet, as well as cuts of 50 GeVon the pT of the
other τ jet, the muon, and the MET leaves the first of these
to contribute 3.2 events at a benchmark of 10 ab−1 of data.
The second is completely eliminated by the same pT cut on
the leading τ jet.9 Another irreducible background is
μþμ− → μþμ−τþτ−, where only one muon goes down
the beam pipe, but this is negligible due to kinematics.
The final irreducible background we study is μþμ− →
μþW−νμτ

þτ−; again the same set of pT cuts leaves
3.9 events for this background.
We also study three reducible backgrounds. One is the

case where four τ’s are produced, one decays to a muon,
and the others decay hadronically but only two jets are
reconstructed. A second is where two light jets are
produced in addition to two τ’s (one of which decays
hadronically and the other to a muon), and a total of two
jets are reconstructed and τ tagged. Both can be produced
either in a μþμ− hard process or by charged or neutral VBF.
The four τ annihilation case contributes 1.8 events after the
same selection cuts; the same cuts leave a negligible
number of events for the rest of these backgrounds. The
third reducible background is μþμ− → μþν̄μτ−ντjj where
the muon is visible and the two jets are mistagged as a
single τ. After the same set of cuts, assuming a mistag rate
of 0.02 for light jets mistagged as τ’s, this contributes
8.3 expected events at 10 ab−1.
Adding these same cuts to the signal gives yields of

SOee
≃ 414 events × Cμτμτ

ee

�
10 TeV

Λ

�
4

;

SOμτμτ
le

≃ 96 events × Cμτμτ
le

�
10 TeV

Λ

�
4

;

SOll
≃ 399 events × Cμτμτ

ll

�
10 TeV

Λ

�
4

: ð28Þ

8A lower bound on the invariant mass of the τ pair is also
imposed at generator level to avoid IR divergences. Conserva-
tively, this cut is also included in the signal, which only modifies
the cross section by a few percent.

9This background specifically is run with the EVA. pT cuts of
50 on each of the τ’s and the τ neutrino are also required at
generator level for MadGraph to effectively sample this background.
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V. SUMMARY OF LOW- AND HIGH-ENERGY
PROBES

With all of the constraints in hand, we can compare the
various limits on the effective operators from Eq. (1). As we
have seen in some examples already, the constraints
vary widely depending on the flavor-violating transition
involved: the indirect constraints on μ − e transitions are
quite stringent, while for τ − μ and τ − e transitions,
different probes are sensitive to roughly similar scales,
depending on the operator.
We begin in Sec. VA by comparing all existing and

projected constraints in the case where only a single operator
is turned on at a time. For many operators, we find that the
proposed muon collider searches from Sec. IV can probe
scales beyond the reach of both current and even future small-
scale experiments. In line with the previous section, we focus
on τ − μ transitions in a high-energy muon collider. While
this setup allows for a clear comparison of the sensitivities
of different experimental probes, it is not a fully realistic
scenario since any UV completion is expected to generate
multiple operators simultaneously. In Sec. V B, we therefore
extend the analysis to the case where more than one SMEFT

operator can be nonzero at a time. Here the importance of
complementarity between probes becomes evident: for many
operator combinations, the muon collider and small-scale
experiments cover different regions of parameter space.
Finally, in Sec. V C we com pare constraints across different
generations, exploring various assumptions about the flavor
structure of the operator coefficients.

A. Comparison of one-dimensional constraints

For each of the LFVoperators in Eq. (1), and for each set of
generation indices, we compute all the relevant low- and
high-energy constraints as described in Secs. II–IV. The
results for each operator (excluding OeH, considered in
Sec. III) and for each generation are shown in Figs. 9–11.
The top, middle, and bottom rows in each figure show the
bounds on μ − e, τ − e, and τ − μ transitions, respectively.
The muon collider constraints appear as dashed lines only in
the bottom row, as we considered exclusively τ − μ flavor-

violating effects. The constraints on Cð1Þ
Hl and C

ð3Þ
Hl are seen to

be essentially identical, as they both result from the modified

Z − li − lj coupling which is proportional to ðCð1Þ
Hl − Cð3Þ

Hl Þ.

FIG. 9. Constraints on lepton-flavor-violating dipole and Higgs-current effective operators from various low-energy experiments and
from a high-energy muon collider. We show the constraints on μ − e, τ − e, and τ − μ in the top, middle, and bottom rows, respectively.
The dark shaded regions indicate the current low-energy constraints, while the lighter shaded regions with a dashed border indicate the
future projections tabulated in Table I. For the τ − μ transitions, we compare to the various muon collider probes discussed in Sec. IV,
assuming a

ffiffiffi
s

p ¼ 10 TeV muon collider with 10 ab−1 integrated luminosity.
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At leading order, collider constraints are insensitive to
changing the order of flavor indices, e.g., the cross section
and resulting sensitivity for processes involving CHe;μτ are
identical to those for CHe;τμ at a muon collider. In contrast,
many low-energy constraints do depend on this choice,
since it determines which lepton mass flips the chirality in
the loop diagrams that match onto the low-energy effective
operators. For operators containing the Higgs doublet, the
two possible orders of lepton-flavor-violating indices are
shown in Figs. 9 and 10. While the muon collider reach
remains unchanged between these two figures, the sensi-
tivity of some low-energy probes is significantly reduced
once the indices are flipped. In particular, for the flavor
combinations shown in Fig. 10, low-energy probes become
far less constraining, leaving the muon collider as the
clearly dominant probe for these operators.
The four-fermion operators involving a muon-antimuon

that can annihilate are easily the most constrained of all
operators from collider searches, see Fig. 11. This is
anticipated, as the contact operator leads to a relative
enhancement with the center-of-mass energy

ffiffiffi
s

p
of the

collision. These searches thus benefit the most from the
high energy available in μþμ− collisions at

ffiffiffi
s

p ¼ 10 TeV,
probing scales up to Λ ≃ 160 – 225 TeV, depending on the

chirality structure of the operator. This vastly exceeds the
sensitivity available even to future τ → 3μ decay searches,
which test only the 40–50 TeV range.
All in all, we find that, for many operators, the proposed

processes at a muon collider (Sec. IV) can probe scales well
beyond the reach of even future low-energy experiments.
This disparity is especially striking in the case of four-
fermion operators, as illustrated in Fig. 11. For certain
operators and flavor structures, such as Oee;μτμτ, no low-
energy probes exist at all, making the muon collider the
only available avenue to constrain these operators.
Additionally, there are other operators for which a muon
collider would be able to confirm and characterize a signal
if one is seen in a future low-energy probe.
More generally, it also appears that the low-energy

constraints on μ − e transitions are orders of magnitude
more stringent than those on τ − e and τ − μ, with the latter
two having quite comparable low-energy constraints. Of
course, this assumes Wilson coefficients all of order unity,
which is unlikely in realistic UV completions (given the
rich flavor structure already present in the Standard Model).
In reality, which processes are the most interesting for
constraining new physics depend on the expected size of
the Wilson coefficients, which is dictated by the underlying

FIG. 10. The same as Fig. 9, but for the opposite combination of flavor indices, for which some of the low-energy precision constraints
are weaker due to factors of the lepton mass.
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model of flavor. This motivates our discussion of how these
constraints compare for various different flavor Ansätze
in Sec. V C.

B. Constraints on multiple (same-flavor) operators

We expect multiple SMEFT operators to be generated
below the scale of any realistic model of new physics in the
UV. A unique capability of a high-energy muon collider,
however, beyond the overall sensitivity demonstrated in the
previous section, is that it allows for numerous independent
probes of these operators. As we will now see, the
combination of channels discussed in Sec. IV—along with
the low-energy probes—would allow for a nearly complete
characterization of the operators responsible for any signal
observed at planned future experiments.
To illustrate this, we consider two-dimensional param-

eter planes spanned by pairs of SMEFT operators from
Eq. (1) with flavor indices i; j ¼ μ, τ, and plot the 95% CL
constraints from all relevant low- and high-energy probes.
An example is shown in Fig. 12, which displays the reach
of both current and future low-energy experiments along-
side different processes at a high-energy muon collider on
the plane of OHe;μτ and Oll;μτμμ. This figure highlights not
only the ability of collider processes such as μμ → μτ to
access scales beyond the reach of low-energy probes, but

also their strong complementarity with rare decays such
as τ → 3μ, together covering a wide region of parameter
space. Moreover, if a signal were to appear in future
τ → 3μ searches and be attributable to these operators, a
combination of μW → τW and μμ → μτ processes at a
muon collider would provide a guaranteed path to both
discover and characterize the underlying physics.10

The same exercise can be repeated for many different
pairs of SMEFT operators. In Fig. 13 (Fig. 14) we show the
reach of a high-energy muon collider on the planes of several
representative pairs of operators involving leptons and
electroweak bosons (four-fermion operators). Depending
on the operators, different collider processes and low-energy
probes dominate the sensitivity, underscoring the impor-
tance of a broad experimental program to capture different
signatures. With the exception of the dipole operators
(which, as discussed above, cannot be tested at high energies
with the same sensitivity as τ → μγ) and the degeneracy

between Cð1Þ
Hl and Cð3Þ

Hl , the muon collider probes provide
coverage of essentially all interesting directions in parameter

FIG. 11. Similar to Fig. 9, but for the considered four-fermion operators.

10A recent study found that a degree of discrimination between
different operators is possible using differential distributions with
only low-energy data, but several degenerate explanations would
remain [183].
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space. The dips in sensitivity seen in some planes are the
result of destructive interference between operators, which
produces “flat directions” in the parameter space of certain
observables.
As for the one-dimensional constraints considered in the

previous section, the high-energy probes (even when
considered with multiple operators at once) are unchanged
by the interchange of flavor indices,11 while the low-energy
constraints change by factors of the lepton masses. In all the
figures in this section, we are showing the flavor-index
combination for which the low-energy constraints are most
stringent.

C. Complementary probes of lepton flavor Ansätze

We have seen that, depending on the effective operators
responsible for flavor violation, the scattering processes at a
high-energy muon collider are particularly powerful at
testing flavor-violating τ − μ transitions and in some
parameter space can even test beyond the reach of future
measurements expected from Belle II. In contrast, the
potential for high-energy muon colliders (or any more

general high-energy collider experiment) for probing μ − e
flavor transitions is much weaker than the extraordinary
constraints attainable with precision muon decay or con-
version experiments.
Nevertheless, it is a priori still unclear which set of

constraints are the most important for constraining physics
beyond the Standard Model: given that the charged lepton
masses display enormous hierarchies, withmτ ≳ 3000 ×me,
there is no reason to expect flavor-violating transitions to be
of the same magnitude. Indeed, the SM quark sector exhibits
flavor-changing transitions that vary by several orders of
magnitude, and this hierarchical structure could extend to the
lepton sector as well.
In the absence of an underlying model of flavor (which

would dictate the pattern of flavor in both the SM and BSM
interactions), we can only make different Ansätze for the
relative size of the flavor-violating transitions and try to test
them empirically. The most naive Ansatz is “flavor
anarchy,” which supposes that all the Wilson coefficients
from new physics are Oð1Þ, independent of the flavor
indices. In this case, μ − e transitions are the most powerful
probe, given the incredible precision of the low-energy
experiments. If there is hierarchical structure in the flavor
transitions that mimics the hierarchies in the charged lepton
masses, however, τ − μ transitions may be more con-
straining than μ − e transitions.
Another conservative Ansatz is “minimal lepton flavor

violation” (MLFV) [184]. This imitates the philosophy of
minimal flavor violation in the quark sector, where all BSM
flavor transitions are related to the parameters of the mixing
matrix in the Standard Model [in this case, the Pontecorvo-
Maki-Nakagawa-Sakata (PMNS) matrix]. We work with
the minimal field content scenario where there is no right-
handed neutrino, and the flavor group of the lepton sector is
SUð3ÞL × SUð3ÞE. The flavor spurions are the charged
lepton Yukawa λe, which transforms as λe → VRλeV

†
L, and

the coefficient of the Weinberg operator gν, which trans-
forms as gν → V�

LgνV
†
L. Since all the precision observables

in our study have external charged lepton states, we work
with the flavor basis where λe is diagonal, leading to

λe ∝ diagðm2
e; m2

μ; m2
τÞ;

gν ∝ U�diagðm2
ν1 ; m

2
ν2 ; m

2
ν3ÞU†; ð29Þ

where U is the PMNS mixing matrix. From the trans-
formation properties of the spurions, it is immediately clear
that, in MLFV, LFVoperator coefficients are suppressed by
more powers of λe when there are more right-handed
leptonic fields in the operator. In particular, operators with
LL lepton structure are suppressed by Δ≡ g†νgν, LR (RL)
by Δλ†e (λeΔ) and RR by λeΔλ

†
e. The strong hierarchical

structure in the numerical value of λe means the flavor
structure of the LFV operator coefficients in MLFV varies
greatly between different operators. For LL operators

FIG. 12. Constraints on τ − μ flavor-violating operators CHe and
Cll, expressed as bounds on the scale. We show the muon collider
constraints in red and orange, along with the low-energy constraints
from τ → μγ, τ → 3μ, and Z → τμ in blue, green, and purple,
respectively (with projected low-energy constraints indicated by the
corresponding dashed lines). The shaded region indicates the
parameter space excluded by the best current constraint.

11This is strictly only the case when such an interchange is
between two indices corresponding to fields with the same
chirality. For Ole;pqrs, by contrast, an interchange of the indices
q and s exchanges the SUð2ÞL doublet field with the singlet,
which does have a mild impact on tree-level observables.
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FIG. 13. Similar to Fig. 12 for different benchmark pairs of operators involving leptons, the Higgs boson, and electroweak bosons.
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(such as Cð1Þ
Hl , C

ð3Þ
Hl ), eμ and μτ coefficients have a mild

flavor hierarchy of about an order of magnitude, while for
RR operators (such as CHe, Cee), the flavor hierarchy can
be nearly 5 orders of magnitude.
To illustrate how different flavor Ansätze could signifi-

cantly change the comparison between different flavor
transitions, we show the constraints on the scale associated
with the operator Cll with flavor indices eμee and μτμμ in
Fig. 15. The precision measurements of μ→3e and τ → 3μ
decays constrain Λ=

ffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Cll;eμee

p
and Λ=

ffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Cll;μτμμ

p
, respec-

tively, and a high-energy muon collider directly probes
Λ=

ffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Cll;μτμμ

p
. These constraints are experimentally inde-

pendent and therefore appear as vertical or horizontal lines
on the plane. In dashed black lines, we show several flavor
Ansätze including those discussed earlier: Cij ¼ 1 (flavor
anarchy), Cij ∝

ffiffiffiffiffiffiffiffiffiffiffimimj
p , Cij ∝ mimj, MLFV with normal

ordering in the neutrino masses (NO), and MLFV with

inverted ordering (IO). NO and IO differ in the measured
PMNSmatrix elements and neutrino masses that go into gν.
All experimental values are taken from [185]. The flavor
Ansätze relate the dimensionless numbers Cll;eμee and
Cll;μτμμ, and they allow a comparison of the constraining
power of these experiments on the underlying scale of new
physics, Λ. For example, with flavor anarchy, we see that a
10 TeV muon collider has the same constraining power on
Λ as the current bound on μ → 3e, while for all other
flavorful Ansätze, a 10 TeV muon collider constrains Λ
better than the projected bound from μ → 3e (intersections
of the muon collider line with the Ansatz lines are further to
the right than the projected μ → 3e line). In Figs. 16 and 17,
we consider all other operators studied in this paper, and for
each operator we compare the constraints on the ij ¼ eμ
and ij ¼ μτ flavor indices. The different constraints are
shown in the same manner as in Sec. V B, but for clarity, we
omit some of the subleading constraints on each operator.

FIG. 14. Similar to Fig. 13, but for different combinations of the four-fermion operators. The muon collider outperforms the
low-energy probes for all the combinations of operators shown.
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As illustrated in Figs. 16 and 17, the comparative strength
of a high-energy muon collider varies greatly between
different operators and flavor Ansätze, but, in general, it is
the most powerful constraint for four-fermion operators,
where there exist examples where a muon collider would be
more constraining than precision experiments even in the
flavor anarchy scenario (see, e.g., the bottom right panel
of Fig. 17).
While the exact comparison is different for each oper-

ator, generally, the τ − μ probes at a high-energy muon
collider are markedly the most important whenCij ∝ mimj,
while the constraints from muon colliders and future
low-energy μ − e transition probes are competitive if
Cij ∝

ffiffiffiffiffiffiffiffiffiffiffimimj
p . In the flavor anarchy scenario, the μ − e

transitions are always the most important. The MLFV
scenario exhibits all three possibilities depending on the
chirality structure of the operators considered. This rein-
forces the preliminary results of Ref. [18], which consid-
ered only a single four-fermion operator and less detailed
simulations of the signal and backgrounds. While more
sophisticated Ansätze or models of flavor might predict
different patterns, it is clear that the powerful constraints on
τ − μ transitions can test a broad swath of interesting
flavorful models of new physics.

VI. CONCLUSIONS

In this work, we compared the sensitivity of a future
muon collider versus precision experiments in probing the
scale of lepton flavor violation within the SMEFT frame-
work. Since lepton flavor is already broken in the Standard
Model, generic extensions of it are naturally expected to
induce additional LFV effects, and it is important to
quantify the discovery potential of such observables at
future colliders.
Our analysis focused on the nine dimension-six oper-

ators involving only leptons, electroweak gauge bosons,
and the Higgs doublet [see Eq. (1)]. Each of these operators
can contribute to flavor violation between different gen-
erations and is sensitive to different constraints. In par-
ticular, while μ − e LFV is already stringently constrained
by low-energy precision experiments, the dominant sensi-
tivity to flavor-violating transitions involving the τ arises
from colliders. For this reason, our study concentrated on
collider probes of τ − e and τ − μ LFV, where a muon
collider offers unique opportunities.
We first calculated the contribution of these SMEFT

operators to various low-energy lepton flavor violation
observables. In doing so, we systematically matched the
SMEFToperators onto the LEFTones and incorporated the
running effects for an accurate prediction. This systematic
approach enables a clear comparison of the sensitivity of
various low-energy observables to different SMEFT oper-
ators and LFV transitions, as shown in Figs. 9–11. In
particular, we find that, while certain observables can probe
very large scales of new physics in some LFV processes,
the bounds from low-energy observables are considerably
weaker for τ − e and τ − μ LFV transitions. These can
instead be probed in a high-energy muon collider.
To assess the sensitivity of a future muon collider for

τ − μ LFV operators, we simulated a variety of LFV
processes, along with their SM backgrounds. We used
Delphes fast simulation and performed simple cut-and-count
analyses involving kinematic variables, such as the
transverse momentum of reconstructed objects, angular
separations between visible objects and the missing four-
momentum, and the MT2 (or stransverse mass) of the
systems. Our main results are presented in Figs. 9–14,
which illustrate the projected reach of different processes in
probing the characteristic scales of new physics associated
with each operator. For clarity, we provide below a brief
summary of the processes and the operators to which they
are sensitive:

(i) h → τl: LFV Higgs decays provide a clean probe of
the OeH operator, which can introduce off-diagonal
Yukawa couplings for the Higgs boson. As shown in
Fig. 3, h → τl at a muon collider can improve
existing bounds on the LFV Yukawa coupling of
the Higgs boson to τ − e and τ − μ by roughly an
order of magnitude compared to the LHC.

FIG. 15. Constraints on the left-handed four-fermion operator
Cll with flavor indices eμee and μτμμ. Muon collider constraint is
shown in red, while precision measurements constraints from
τ → 3μ and μ → 3e decay are shown in solid green (projected in
dashed green). Different flavor Ansätze are shown as dashed
black lines. For anarchy (Cll;ijii ∝ 1), the projected μ → 3e
constraint on the scale of new physics is stronger than a
10 TeV muon collider, while for all other flavorful Ansätze a
10 TeV muon collider would constrain higher scales.
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FIG. 16. Similar to Fig. 15, but for a few different benchmark pair of operators involving the leptons and Higgs/electroweak bosons.
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(ii) μV → τh (V ¼ Z, γ): This process is sensitive to the

operators OeB, OeW , O
ð1Þ
Hl , O

ð3Þ
Hl , and OHe and can

probe scales up to Λ ∼Oð10–100) TeV at a 10 TeV
muon collider.

(iii) μW → τW: This process is also sensitive to the

operators OeB, OeW , O
ð1Þ
Hl , O

ð3Þ
Hl , and OHe, but to

different linear combinations and thus provides
complementary information. It also probes scales
of Oð10–100Þ TeV at a 10 TeV muon collider,
depending on the operator.

(iv) μμ → μτ: This process is sensitive to four-fermion
operators with a single μ − τ transition. Since here
the final-state objects carry the full center-of-mass
energy of the collision, this process leads to the
strongest direct bounds, with the sensitivity of a
10 TeV collider reaching ∼200 TeV.

(v) μV → τττ: This process is sensitive to four-fermion
operators involving a single muon and multiple τ’s.

At
ffiffiffi
s

p ¼ 10 TeV, the sensitivity reaches the
∼20–35 TeV scale.

(vi) μ∓V → μ�τ∓τ∓: This process is uniquely sensitive
to ΔL ¼ 2 four-fermion operators, with two sepa-
rate μ − τ transitions. The sensitivity is at the
20–30 TeV level.

With the exception of the dipole operators CeB and CeW ,
these sensitivities generically outperform the sensitivity
from existing low-energy direct probes in τ decays. This
sensitivity would allow for a robust follow-up to any
potential discovery with the improved sensitivity at Belle
II. Additionally, for many operators involving the τ,
particularly four-fermion operators and combinations that
are mass suppressed at low energy, a muon collider would
outperform even future limits from planned experiments.
To facilitate comparisons with the tests of μ − e flavor

violation, we compared the reach of different searches
under various flavor Ansätze for the Wilson coefficients.
The scales quoted above correspond to an anarchic Ansatz,

FIG. 17. Similar to Fig. 16, but for combinations of the different four-fermion operators considered. A muon collider would
outperform all projected constraints from low-energy probes under the assumption that Cij ∝

ffiffiffiffiffiffiffiffiffiffiffimimj
p , and for Cll it would surpass low-

energy constraints even assuming flavor anarchy (Cij ∝ 1).
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with all Cij ¼ 1. Beyond this, we considered several
motivated alternatives: the assumption that Cij ∝

ffiffiffiffiffiffiffiffiffiffiffimimj
p ,

Cij ∝ mimj, and the Ansatz of minimal lepton flavor
violation where the flavor structure of Cij depends greatly
on the chirality structure of the operator. For operators
involving the leptons and Higgs/electroweak bosons, a
muon collider is competitive with low-energy probes under
the Cij ∝

ffiffiffiffiffiffiffiffiffiffiffimimj
p Ansatz in most cases, while for four-

fermion operators, a muon collider outperforms all pro-
jected constraints from low-energy experiments under the
Cij ∝

ffiffiffiffiffiffiffiffiffiffiffimimj
p Ansatz and even the Cij ¼ 1 Ansatz in the

case of the Cll operator.
There are a number of clear directions for future study.

First, a crucial ingredient in obtaining a reliable estimate of
the muon collider reach for rare processes such as LFV is a
detailed understanding and accurate modeling of detector
performance. While this is the subject of ongoing exper-
imental efforts, dedicated studies of jet properties and their
modeling are particularly well motivated. This includes
both understanding the capabilities of detectors for study-
ing jet substructure and for systematic evaluations of
tagging efficiencies. Our searches would benefit, in par-
ticular, from improved understanding of the capabilities
in distinguishing boosted h → bb̄ jets, jets from hadronic
τ decays, and hadronic jets originating from W bosons or
lighter QCD objects. Understanding the capability for
tagging the charge of τ jets also has the potential to
improve some of our studies.
Additionally, it is worthwhile to explore detector design

strategies that could enhance the sensitivity of a high-
energy muon collider to the LFV signals studied in this
work. For example, several of the processes we consider
(μV → τh, μV → τττ and μ∓V → μ�ττ) involve collinear
radiation of a neutral electroweak boson off one of the
muon beams, with the radiating muon traveling down the
beam pipe. It has recently been proposed [37,186] that a
dedicated forward muon detector could significantly improve
the tagging efficiency for such events, even with relatively
light instrumentation. Given that any LFV signal would
constitute an unambiguous indication of new physics beyond
the Standard Model, it is highly motivated to assess the
impact of such a forward detector on the sensitivity to LFV
processes, as well as to investigate other potential detector
augmentations that could further strengthen LFV searches.
While the SMEFT provides a useful framework for

interpreting experimental bounds, we stress that it should
ultimately be regarded as an intermediate step toward a long-
term goal of constraining or discovering an explicit UV
model. In particular, since the bounds on the EFT cutoff are
not parametrically beyond the center-of-mass energy of the
collider, it is important to critically assess the applicability of
the SMEFT in this intermediate regime. This is especially
true in the context of models where the flavor-violating
operators may be suppressed by small parameters. It would
be interesting to reassess the reach of the processes consid-
ered above in the context of explicit models.

Finally, we demonstrated that the assessment of the
constraints on flavor-violating operators depends strongly
on the choice of flavor Ansatz. To go beyond MLFV, we
introduced several ad hoc Ansätze for the relative size of
different flavor-violating operators based on the charged
lepton masses. It would be useful, however, to put these
assumptions on firmer ground. One interesting direction
would be to consider the predictions of different explicit
models that explain the SM flavor hierarchies (see, for
example, Refs. [187–190]). A more systematic investiga-
tion of motivated textures for BSM flavor violation would
provide a more robust picture of the discovery potential of
future colliders.
In summary, the combination of high center-of-mass

energy and initial states dominated by second-generation
leptons or electroweak gauge bosons makes a muon
collider uniquely suited to probe LFV effects that are
difficult to access at other high-energy colliders or even
at the most sensitive small-scale experiments. As exper-
imental efforts advance toward establishing the feasibility
of such a machine, it becomes increasingly important to
catalog additional signals and motivated BSM scenarios for
which a high-energy muon collider offers truly distinctive
discovery potential.
With experimental efforts toward a future muon collider

gaining momentum, it is timely to explore the potential of
such a machine to uncover new physics signals, including
lepton flavor violation. Beyond their intrinsic theoretical
interest, these LFV signatures can provide valuable bench-
marks to guide detector optimization and help shape the
physics case for the collider from the outset. More broadly,
studies such as ours illustrate how targeted analyses can
steer the development of future searches for physics beyond
the Standard Model, ensuring that the discovery potential
of next-generation colliders is fully realized.
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