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Abstract—The ability to track simulated cancer cells through
the circulatory system, important for developing a mechanis-
tic understanding of metastatic spread, pushes the limits of
today’s supercomputers by requiring the simulation of large
fluid volumes at cellular-scale resolution. To overcome this
challenge, we introduce a new adaptive physics refinement
(APR) method that captures cellular-scale interaction across
large domains and leverages a hybrid CPU-GPU approach
to maximize performance. Through algorithmic advances that
integrate multi-physics and multi-resolution models, we establish
a finely resolved window with explicitly modeled cells coupled to
a coarsely resolved bulk fluid domain. In this work we present
multiple validations of the APR framework by comparing against
fully resolved fluid-structure interaction methods and employ
techniques, such as latency hiding and maximizing memory
bandwidth, to effectively utilize heterogeneous node architectures.
Collectively, these computational developments and performance
optimizations provide a robust and scalable framework to enable
system-level simulations of cancer cell transport.

Index Terms—multiphysics, deformable cells, cancer metasta-
sis, immersed boundary, heterogeneous architectures

I. INTRODUCTION

Cancer is the attributed cause of death in one in four cases
in the United States [1] and metastasis, a complex multistep
process leading to the spread of tumors, is responsible for more
than 90% of these deaths [2]. While we know that circulating
tumor cells arrest in non-random patterns and that biophysical
properties influence their movement, the effect of different
mechanical properties of the cell and microenvironment on
preferential arrest remain poorly understood. In silico models
designed to model cellular transport in complex 3D topologies
provide a unique ability to isolate the influence of specific
cell properties and extract a variety of metrics that cannot

be directly measured through in vivo or in vitro methods.
To properly simulate metastatic dissemination, computational
methods need to capture arterial length scales orders of magni-
tude larger than the size of the cell. However, direct numerical
simulation that relies on sub-micron resolution is intractable
for all but the smallest systems.

To effectively model cancer cell transport, we have devel-
oped an adaptive physics refinement (APR) technique. The
APR integrates multiphysics modeling by limiting the region
in which cellular-scale dynamics are realized to the volume
surrounding a cell of interest—termed the “window,” after
initially exploring the concept in [3]. Resolving cell dynamics
only in the window has the benefits of capturing fluid-structure
interaction that could not be explained purely through hemo-
dynamics, reducing the amount of computationally expensive
high-resolution mesh, and limiting the locations in which fluid-
structure interaction is needed. The APR window is required
to adaptively follow the cell of interest because the distances
a cell can meaningfully travel are larger than the window
itself. We tailored the APR algorithm to the problem of
tracking cancer cells because the region requiring a more
refined resolution is defined by a moving location and not
by an error estimation (e.g., [4]) which informs refinement
during the simulation itself. Additional benefits are afforded
because the adaptive window can be defined at the start of the
simulation. Therefore, the APR scheme is designed for modern
heterogeneous systems whereby the window is distributed
on all GPUs and the coarsely-resolved regions can use the
remaining processor cores.

The limited scope of past modeling to small sub-regions
or short time domains is due in part to the computational
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Fig. 1. Left: APR model overview depicting the coupling between the the finely resolved fluid-structure interaction within the window (orange) to a coarsely-
resolved bulk fluid domain (red). Middle: a closer view of the multi-resolution interface between the fine and coarse regions. Right: an orthogonal perspective
of the interface between the fine and coarse lattices, with an example interpolation to the blue square from the support of the yellow squares. Lattice points
for each domain are located at the centroids of the grid made by the black lines, where �xc and �xf refer to the lattice resolution of the coarse and fine
grids, respectively. The resolution ratio, n = �xc=�xf , between the bulk and the window has been reduced for display purposes.

challenge associated with modeling large-scale cellular be-
havior using conventional modeling frameworks, which we
refer to as explicit fluid-structure interaction models (eFSI).
Current state-of-the-art eFSI (details of which can be found in
[5]) are limited to sub-mm cubed domains when simulating
the resolutions necessary to capture the cell’s viscoelastic
properties, making it impossible to quantify the effects of
individual cell mechanical properties on long-term cell fate and
overall trajectory. To overcome this fundamental limitation, we
introduce the APR technique to provide system scale modeling
at cellular resolution within a localized region of interest.
The state-of-the art eFSI model is built upon and could be
considered a subset of the APR approach. The APR method,
as shown in Figure 1, defines a high-resolution FSI window
that follows an assigned cell as it flows through a target
geometry. The window size and FSI algorithm are chosen to
accurately capture the environment around the target cell, with
the surrounding lower-resolution fluid used to enable accurate
window motion. Compared with eFSI, the APR framework
drastically reduces the overall computational cost, making it
feasible to analyze cell transport over anatomically-relevant
length scales (cm to m).

Building a coupled multiphysics capability to be broadly
used for circulatory modeling requires addressing multiple
algorithmic challenges due to 1) multi-resolution coupling: the
sub-micron resolution fluid in the window must be accurately
coupled to the coarser fluid in the bulk for the proposed
moving window approach to be feasible; 2) adaptive physics
refinement: the posed problem requires not just coupling
varied grid resolutions, but different physics-based models.
Within the window, different explicit cell models may be
used depending on the system and flow, whereas outside
the window we only solve fluid dynamics equations; and 3)

resource allocation: in addition to the challenges of efficiently
distributing the 3D geometries across many compute elements,
balancing both compute and memory requirements of the
window and the bulk regions between CPU and GPU requires
careful management.

We address these challenges by introducing a hybrid CPU-
GPU, multiphysics technique innovating upon our previously
established moving window paradigm [3] by 1) introducing a
multi-block scheme to couple the coarse and fine lattices, 2)
creating a framework for splitting scales between a tightly
coupled CPU-based bulk model and a GPU-based window
model, 3) developing algorithms to move the window, and 4)
efficiently distributing work between the host and device on a
heterogeneous accelerator-based machine such as the Summit
supercomputer while maximizing overlap of communication
and computation. As demonstrated in our results, the APR
method we present radically increases the potential domain
sizes for multiphysics modeling to enable new classes of
problems to be tackled with in silico methods.

II. METHODS AND ALGORITHMIC DEVELOPMENTS

After decades of innovation [4], [6]–[8], there are now many
numerical approaches one can use to design a multiphysics
code with varying degrees of sophistication. The APR method
presented in this paper represents one such approach that
is tailored to the specific needs of circulatory modeling. A
key feature is the use of a single, moving region of interest
in which the numerical accuracy required remains constant
throughout the simulation. Such specialization has several
advantages. For example, this numerical decomposition creates
two well-contained domains (see Fig. 1) with a sharp interface,
thereby creating a natural decomposition of computationally-
intense window tasks mapped onto GPUs and lower-resolution



fluid tasks mapped onto CPUs with manageable communica-
tion across the fully-coupled interface. High GPU utilization
can be maintained throughout the simulation thanks to the
fixed window size. As the simulation evolves, the cell of
interest can accurately traverse a large branching geometry
without a priori assumptions about its ultimate destination.

We have previously established the window paradigm in
Herschlag et al., whereby the modeling of cell-resolved flow
is restricted to a small region around the cell [3]. The focus
on that work was on maintaining the requisite hematocrit
(red blood cell volume fraction) for biological blood flow
and partitioning the simulation domain into regions where
different physics are resolved so as to reduce the total number
of cells explicitly modeled. In this manuscript, we significantly
advance the adaptive window method by developing a multi-
resolution scheme which adapts to the motion of the tracked
cancer cell. Our scheme uses the nature of the problem itself,
tracking deformable cells of interest, to drive the adaptive
resolution as the level of detail is not driven by the fluid itself,
but by the cells within the fluid. This new expression of the
problem brings with it challenges, which we have overcome,
regarding the distribution of work between the finely-resolved
window domain, the two-way coupling of physics, and the
methods required to move the window as the cell’s trajectory
evolves. An additional computational difference is which do-
main is accelerated on GPUs.

Within the following subsections we outline the components
of the APR method. A diagram providing a depiction of the
overall algorithm is shown in Fig. 2. The coupled multiphysics
model is developed within a lattice Boltzmann method (LBM)-
based massively parallel computational fluid dynamics solver
[5], [9]–[11]. The existing GPU-accelerated FSI model was
further optimized for Summit, a 200 petaFLOPS heteroge-
neous supercomputer at the Oak Ridge Leadership Computing
Facility [12]. We additionally augmented the adaptive multi-
physics algorithm pioneered in [3] with the layer of the multi-
block/multi-resolution interface between the cell-resolved do-
main and the bulk flow domain. To integrate the fine-window
simulation with the coarse-bulk, we implemented and extended
a multi-resolution algorithm previously developed in the lit-
erature [13]–[16]. In those previous multi-block approaches,
the finely-resolved domain was primarily static and here we
show a novel way of changing the domain as the transient
system simulated advances. The details of these components,
as well as new algorithmic developments, optimizations, and
our process for validating the implementation are described in
the subsections below.

A. Lattice Boltzmann Method

The LBM is a mesoscopic approach for numerically solving
the Navier-Stokes equations, in which the fluid is represented
as set of particles moving between lattice nodes in discrete
time steps [17]. The lattice Boltzmann equation governs the
evolution of a particle distribution function fi(x; t), which
gives the probability of particles residing at lattice point x
and time t with a discrete velocity ci. Using the Bhatna-
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Fig. 2. Diagrammatic depiction of the overall algorithm for one bulk time
step. Operations have been batched into a single category for simplicity.
The shown structure reflects optimizations to best overlap compute-intensive
simulation time steps on the GPU/window with the CPU/bulk. The only
synchronization points between the window and bulk parts of the APR
model are the bulk-to-window, window-to-bulk communication routines, and
checking/re-initialization if the window moves.

gar–Gross–Krook (BGK) collision operator, this equation in
the presence of an external force field is:

fi(x + ci; t+ 1) =

�
1 − 1

�

�
fi(x; t) +

1

�
feq

i (x; t) + Fi(x; t)

(1)
for an external force distribution Fi, equilibrium distribution
feq

i , and relaxation time �. This equation encapsulates the
two core components of the LBM time step – collision and
streaming – which are implemented as a single unified kernel
in code. We employ the D3Q19 velocity discretization model,
as well as the method of Guo et al. [18] to incorporate the
external force field into the distribution. No-slip conditions
on rigid walls are enforced using the halfway bounce-back
boundary conditions at the vessel walls.

B. Cell Finite Element Model

Cancer cells are represented as fluid-filled membranes dis-
cretized by a Lagrangian surface mesh of triangular elements.
The membrane model includes both elasticity and bending
stiffness [19]. The shear and dilational elastic responses
of the membrane are governed by the Skalak constitutive



law, where the elastic energy Ws is computed as: Ws =
Gs

4

�
I2
1 + 2I1 − 2I2 + CI2

2

�
for strain invariants I1, I2, shear

elastic modulus Gs, and area preservation constant C [20].
Loop subdivision [21] provides the basis for the finite element
method (FEM) membrane force calculations, which determine
elemental strains based on 12 surrounding elements. Details
on the finite element method used can be found in previous
works, such as [22] and [23]. The Helfrich formulation [24]
is used to model resistance to bending based on membrane
curvature following: Wb = Eb

2

R
S

(2�− c0)
2
dS, where Eb is

the bending modulus, � and c0 are the mean and spontaneous
curvatures, respectively, and S is the entire surface area
of the cell. The resultant membrane forces are calculated
every timestep in the same simulation code and used for the
spreading routine in the immersed boundary coupling. Overall,
this method has been shown to accurately resolve complex
non-linear 3D deformations of biological cells [25] and was
recently accelerated on GPUs [5].

C. Immersed Boundary Method

The immersed boundary method (IBM) [26] is used to
couple the FEM-calculated forces in cell membranes to the
background fluid with which they flow and has been previously
demonstrated to capture cancer cell trajectory (e.g., [27]). First,
a cell vertex’s velocity V is interpolated from the velocities
v of surrounding fluid points x using:

V(X; t) =
X
x

v(x; t)�(x − X(t)) (2)

We use a cosine-approximated 3D discrete delta function (�)
with four-point support in each dimension, as described in
[11]. Using these velocities, the positions of the cell vertices
are updated using Euler integration,

X(t+ 1) = X(t) + V(t)�t (3)

a process referred to in the subsequent sections as advection.
The elemental deformation associated with these position
changes are determined with the FEM as above, and the
resulting forces G at each cell vertex X are spread back to
the surrounding fluid points x as:

g(x; t) =
X
X

G(X; t)�(x − X(t)) (4)

In the subsequent sections, the algorithms and operations
associated with equations 2 and 4 are respectively referred
to as interpolation and spreading.

D. Innovations and Implementation of APR Algorithm

When modeling biological cells in the circulatory system,
one of the main computational expenses comes from the
fluid resolution needed to accurately recapitulate the flows of
deformable cells within the circulatory system. As the required
resolution drives computational cost, there is a motivation to
limit it to targeted regions of interest. Moreover, the relation-
ship between the resolution and time step in the LBM (further
detailed in Sec. II-D1) leads to a greater computational burden

and inherent complexity as multiple time steps are needed
within the window for every bulk fluid time step. Therefore,
it was paramount that the bulk and window domains of the
simulation be concurrently advancing and that the window be
accelerated by the high bandwidth and computational power
available on GPUs in modern heterogeneous systems (see
Sec. II-E). Our solution to address these challenges is the
APR method. The originality of the overall concept presented
herein is a moving, finely-resolved domain centered on the
cell of interest which is fully coupled to the surrounding
lower-resolution environment. The combination of the multi-
resolution scheme presented in Sec. II-D1 coupled with an en-
hanced version of the window tracking algorithm (Sec. II-D2)
provides a tailored multi-physics adaptive model to track cells
across a range of vessel sizes.

1) Multi-Resolution Lattice Boltzmann: To simultaneously
model both macro- and micro-scale blood flows present in the
body, we implemented a multi-block LBM (multi-resolution)
scheme for efficient computation. Specifically, we extended a
scheme developed in 2D [13], [14] and adapt it to 3D similar
to Yu et al. and others [15], [16]. However, one of the main
differences between our implementation of the ‘traditional’
multi-resolution LBM algorithms and previous literature is that
we maintain the underlying physics of the static multi-block
methods previously described and significantly expand this
approach to derive an adaptive algorithm through the coupling
with the adaptive multi-physics moving window algorithm so
that the model adapts over time given the transient nature of
the problem being studied.

Following Peng et al. [14], we consider a multi-block
scheme which couples a coarse lattice to a fine lattice. Given
the continuity in density and momentum between the coarse
and fine grids, the equilibrium distribution functions of each
lattice are equal [13]:

f eq;c
i = f eq;f

i = f eq
i (5)

. For the non-equilibrium part of the distribution functions
fneq

i = fi −f eq
i , the stress continuity is maintained across the

interface by the relation:

fneq;c
i = n

�c

�f
fneq;f

i (6)

where the subscripts c and f refer to the coarse and fine lattices,
respectively, and n gives the ratio of coarse to fine lattice
spacing. Following this, the relaxation times of the coarse and
fine lattices are related by:

�f =
1

2
+ n

�
�c −

1

2

�
(7)

In contrast to the relationship between the fine and coarse
grid used by [28] and [14], which scales the post-collision
distribution functions, we use the method developed by [29]
which scales the “incoming” LBM distribution functions.
Combining Eqs. 5 and 6, we are able to express a direct rela-
tionship between the coarse and fine lattice LBM distributions.
Specifically, the coarse-to-fine and fine-to-coarse transfers at



coincident lattice points between the two resolutions can be
written as:

f c
i = f eq

i +
n�c

�f
fneq;f

i

f f
i = f eq

i +
�f

n�c
fneq;c

i

(8)

.
For points on the fine lattice that are not coincident with

the coarse lattice, a spatial interpolation is required; we use a
Catmull-Rom spline to maintain C1 continuity [30]:

fi(x) = aj + bjx + cjx2 + djx3 (9)

with coefficients determined based on derivative continuity.
Similarly, a bicubic spline interpolation is used where a fine
lattice point is not aligned with two dimensions of the coarse
lattice—an illustration of which is shown on the right-hand
side of Fig. 1.

A consequence of the different spatial resolutions is a
discrepancy in the physical time step size, related by �tc =
n�tf . Therefore, the window and bulk parts of the simulation
must synchronize every bulk time step, which corresponds to
n window time steps (see Fig. 2 for an overview). The data
transferred at the synchronization from the coarse grid is then
advanced via temporal interpolation to the same fractional time
step (from the coarse perspective) upon which the fine grid
operates. To achieve the temporal interpolation at the interface
points, we employ a Lagrange interpolating polynomial [14]:

fi(x) =

3X
j=1

 
3Y

k=1

x − xk

xj − xk

!
j 6=k

(10)

The multi-resolution interface coupling the bulk domain to
the window domain with cells is shown in Fig. 1 along with
a representative interpolation stencil. To enable the parallel
implementation of this algorithm, when an unaligned lattice
point on the edge of the fine grid attempts to interpolate from
the coarse grid, an overlap of one point into the coarse grid
must be available to the MPI rank for a given part of the fine
lattice. The interface between the fine and coarse lattice is
spread across MPI ranks with multiple fine MPI ranks being
neighbors of coarse tasks and multiple coarse MPI ranks being
neighbors with fine MPI ranks.

2) Moving the Window: As the cell traverses the window
and reaches a prescribed distance from the boundary, the
window is moved to a new location centered on the cell.
For the present work, we trigger a window move when the
cell centroid crosses into a designated region near the edge of
the window domain which can be controlled by the user. The
objective is to move the window prior to the cell experiencing
any possible edge-effects as it nears the boundaries between
domains. The communication scheme between fine and coarse
lattice tasks must be re-initialized every time the window
moves as the fine lattice points will then border new coarse
lattice points.

When the window moves, the Eulerian data within the
window must be updated to represent the fluid dynamics

Fig. 3. Depiction of the parts of the window to be updated with the red and
green bounding boxes showing the pre- and post-move bounding boxes. The
shaded white area shows points which exist in both window locations, while
the shaded pink area shows the non pre-existing points which are interpolated
from the bulk domain. The arrow indicates the direction of window movement.

of the new window location. This window shifting and re-
connection to the bulk-simulation requires a combination of
two newly devised steps which have not previously been
developed in literature. Indeed, the work of [3] did not need
to consider the differences in momentum between the window
and bulk domains. First, lattice data at the intersection between
both the pre- and post-move window bounding boxes must
be translated, highlighted in white in Fig. 3. The lattice or
fluid data referenced includes not only the latice Boltzmann
distribution values, but also the body force values present
at each location in the domain. Fluid data in this white-
shaded volume only need to be moved to their new relative
location in the window and therefore are communicated via
MPI to tasks which manage the respective section of the
finely-resolved domain. Next, we need to account for new
fluid points in the non-overlapping portion of the post-move
window that did not exist in the pre-move window, highlighted
in red in Fig. 3. We generate these fine grid fluid points by
interpolating from the coarsely resolved bulk domain using tri-
cubic interpolation. This new interpolation step is required as
the lattice distribution functions in the bulk domain at a coarser
resolution are essentially in a different unit space from the fine
domain. Therefore, the Eulerian data must first be transformed
using Eq. 8 and then interpolated onto all of the new lattice
points on the finely resolved grid.

E. Computational Design for Heterogeneous Architectures

To maximize use of heterogeneous CPU-GPU supercomput-
ing architectures, we assigned the bulk fluid computation to
the CPU and the window computation to the GPU, synchro-
nizing the execution between the two, as necessary. The bulk
fluid computation has characteristics such as a comparatively
smaller workload when compared to the window and irregular
control flow that make it a good fit for the CPU. The window
computation, where the 3D deformation and dynamics of
the tracked cell are fully resolved, has characteristics such
as fine-grained parallelism, regular control flow, and limited



data dependency between kernel launches that match well
with the GPU. Additionally, as the window maintains its size
during each move, the data arrays allocated on the GPU at
the beginning of the simulation can be maintained throughout
with only arrays representing the multi-resolution interface
needing to be updated during each move. By partitioning the
computation in this way, we also reduce the cost of data
reorganization and data transfers among the CPUs and GPUs.
More details can be found in Sec. II-E3.

Here, we divided the workload such that the the window
computations were distributed among all GPUs while the bulk
fluid used the remaining CPU resources. This is in contrast to
previous work, where in [3] there was a uniform resolution
between the bulk and window domains and, naturally, it
followed to put the larger fraction of the computational load on
GPUs. However, as one of the major advances in our work is
the multi-block aspect which allows for a resolution difference
between the bulk and the window, a similarly sized window
would have n3 more fluid points, making the GPU more
effective for window computations. Moreover, given the time
scaling outlined in Sec. II-D1 (�tf = n�tc), there is more
work given the additional timesteps needed in the window
when compared to the bulk—even if the number of simulated
points in both domains were the same. The window also has
the added burden of calculating the IBM and FEM updates
for the cell(s) in the window. In this work we focused on a
single cell in the window in order to emphasize the multiscale
physics and balance the computational workload.

Simulations for performance analysis were performed on
the Summit supercomputer at Oak Ridge National Laboratory,
the second fastest supercomputer on the TOP500 list (as
of November 2021), and implementation details provided in
the subsequent sections (II-E1, II-E2). Other development
simulations were performed on the Lassen supercomputer at
Lawrence Livermore National Laboratory. Both systems utilize
a heterogeneous architecture with powerful nodes accelerated
by dual CPU sockets and four to six GPUs. The same CPU
and GPU architectures are used on both systems.

1) GPU Acceleration Within Window: All compute-
intensive operations of the window simulation (i.e., LBM,
IBM, and FEM) are executed on the GPUs, which for sim-
ulations performed on the Summit supercomputer use all six
NVIDIA V100s per node. Device code was implemented in
CUDA. Work related to inter-node communication and the
multi-resolution coupling such as the coarse to fine spatial
interpolation, fine to coarse communication, and temporal
interpolation (see Sec. II-D1) is performed on the host as
the data is received from neighboring MPI ranks.

For the fluid component of the cell-resolved simulation,
kernels are launched with each thread acting upon a single
LBM point. The thread computes the collision update for
the given LBM point and then writes the streamed particle
distributions to its neighboring LBM points. The collide and
stream operations are performed in a fused kernel so as to
decrease reads and writes to main memory [31].

For the deformable cell component of the simulation, ker-

nels are launched on either cell vertices or elements. The
immersed boundary interpolation, spreading, and advection
kernels are launched with each thread working on a particular
vertex residing on the current MPI task. The finite element
force calculation kernel is launched on all elements ‘owned’
by an MPI rank with the updated force being written to
the constitutive vertices of a given element. To optimize
performance on the GPU, all buffers relating to the fluid and
the deformable cells have been arranged in the structure of
arrays (SoA) format. This memory layout enables overlapped
memory accesses of data buffers such as the LBM distribution
data, fluid body forces, cell positions, cell velocities, and
cell forces. As the amount of memory available on GPUs is
significantly less than CPUs, we aimed to store the minimum
amount of data needed to perform updates. At a minimum,
each fluid point requires 408 bytes to store two copies of the
19 discrete velocities, a force vector, the indirect streaming
stencil consisting of 19 ints, and its indirect array location.
IBM cells are discretized by 642 vertices comprising 1; 280
elements per cell. Therefore, each cell requires a minimum of
51 kilobytes to store vectors of forces, velocities, positions,
and other supporting data.

Details on optimizations made such as buffer packing to
enable contiguous memory transfers and partial updates to
overlap communication and computation are in Sec. II-F.

2) Per-Node Resource Allocation: The bulk fluid is where
inter-task communication, the systemic-scale bulk LBM sim-
ulation, and the window-to-bulk coupling are implemented.
For all performance results reported, the code makes use of
all 42 cores across the dual sockets of POWER9 CPUs on
Summit. Specifically, 42 MPI ranks per node were used, with
36 tasks assigned to the bulk fluid region and 6 MPI ranks
to the window region. Code was implemented in C++ and
compiled on Summit using the IBM XL compiler (v16.1.1),
Spectrum MPI (v10.4.0.3), and CUDA 11.

3) MPI Rank Decomposition of APR Method: When de-
veloping the paradigm for allocation of resources, the main
parallelization choice was whether to have the window and
bulk threads be within a parent MPI rank or whether MPI ranks
would be decomposed into window and bulk MPI ranks. There
would be very little shared information between a window and
bulk process residing on the same socket or node due to the
fact that the smaller real dimensions of the window and the
movement of the window mean that processes of the window
that are spatially adjacent to a bulk process would be spread
across the entirety of the simulation. Therefore, in practice,
depending on the problem size, a relatively small portion of
the bulk simulation will be required to communicate with the
window simulation tasks. Here, we implement the latter design
choice of using MPI subcommunicators to decompose the
window and bulk tasks. This MPI-based decomposition allows
for more flexibility when allocating computational resources
on a fractional basis between the window and bulk versus an
on-node parallelization that decomposes the two simulations
among threads within a given process. To determine the
division of resources, the user must specify the fraction of



MPI ranks to devote to the window.
The bulk fluid part of the simulation is set up by first

voxelizing its domain given an input triangular mesh de-
scribing the surface of the geometry to be modeled. The
window part of the simulation is set up by defining a high
resolution rectangular box, corresponding to a desired window
size, within the bulk domain. Since the window part of the
simulation is always shaped as a rectangular prism, we use
a simple geometrical algorithm to break down the window
evenly into equally sized subproblems based on the proportion
of total MPI ranks devoted to the window in the simulation.
The window is initially divided into three pieces and then
subsequently divided in half on the longest dimensions so that
the window is as close to ideally balanced as possible to the
three GPUs available per socket on Summit. It is assumed
that work is evenly spatially distributed across all window MPI
ranks. This assumption is justified for the simulation due to the
uniform resolution of the Cartesian LBM grid. The bulk part
of the simulation is separately load balanced on its respective
MPI subcommunicator using a recursive bisection algorithm
described in [32].

To determine which tasks communicate across the boundary
between the coarsely-resolved bulk and the finely-resolved
window MPI ranks we communicate the bounds of the window
at the start of the simulation and every time the window
moves. Checks for window moves are done at a user-controlled
frequency to amortize collective operations. Once the window
and bulk tasks have determined neighbor relations, tasks that
are adjacent to the multi-resolution boundary update their
communication partners and the window MPI ranks re-use
the same initially allocated CPU and GPU buffers to execute
the multi-resolution operations. Synchronization between bulk
and window MPI ranks spatially adjacent to each other occurs
during the coarse to fine and fine to coarse multi-resolution
coupling operations as illustrated in Fig. 2.

F. Concurrency and Buffer Packing for Optimal Performance

1) Overlap Between Bulk and Window time steps: A dia-
grammatic depiction of the overall algorithm for our method
over one bulk time step is provided in Fig. 2. Due to the nature
of LBM and the relationship between physical time step size
and physical spacing between lattice points, n = �tc=�tf
window time steps correspond to one bulk time step. Thus,
care must be taken in designing this overall algorithm to
optimally balance the window/bulk components. We therefore
optimized our algorithm to best overlap compute-intensive
simulation time steps on the GPU/window with the CPU/bulk.

As shown in Fig. 2, we first execute the LBM in the
region encapsulating the border between window and bulk.
Essentially, this setup splits part of the time step so that the
streaming discrete velocities from the bulk to the window are
transmitted at the beginning of the bulk time step. By partially
updating the domain, the rest of the fluid in the bulk domain
can be updated simultaneously while the window completes its
operations to finally compute the requisite discrete velocities
in the other direction to complete the two-way coupling

between the window and bulk domains. The communication
from coarse to fine prior to updating the majority of the
bulk domain aligns the barrier between window and bulk
so that they only need to synchronize every time step for
the bulk and every n time steps for the window, thereby
facilitating overlapping window/bulk computations. Without
the partial update of points that the window task depends
upon, the overall time for a time step would be the sum of
the bulk and window, rather than the maximum. The bulk and
window calculations subsequently proceed in parallel, at the
end of which distribution functions are transferred from the
fine window grid to inform the bulk simulation at the end of
the time step.

2) Optimizing Communication Through Buffer Packing:
Communication between MPI ranks requires first moving data
between the host and device. Inefficient device-host transfers
are significant potential bottlenecks as even modern intercon-
nects such as NVLink have low bandwidth relative to HBM2
and DDR. In our case, communicated data is not coalesced and
is laid out differently on the host and device. The host uses
an array of structures (AoS) layout for ease of development
while utilizing the sophisticated caching and lower latency
on cache misses available on CPUs. The device uses an
SoA format described above as it facilitates adjacent threads
operating on contiguous data. Our communication routines
transfer a high volume of data on the order of hundreds of
MB per node and thus achieving high bandwidth is crucial to
application performance. A naı̈ve solution of making many
small transfers results in low transfer bandwidth and high
latency. Asynchronous small data transfers launched in parallel
are also costly because they cannot be overlapped easily with
computation, they stall dependent intranode communication,
and they compete for DDR bandwidth with the memory bound
CPU bulk simulation.

To optimize transfer performance, we pack data into con-
tiguous buffers before copying between the device and host—
an approach shown to dramatically reduce data movement in
GPU accelerated MPI applications [33]. Custom GPU kernels
pack data to enable large, contiguous high bandwidth copies
to page-locked CPU memory. Similarly, data received from
MPI communication is packed before a host-device copy and
unpacked with a GPU kernel. One trade-off of this approach
is the additional memory on the device-side required for the
packed buffer, though the buffer size is small in comparison
to other data structures as communicated data is proportional
to surface area while owned data is proportional to volume.
Another trade-off is the overhead associated with packing
and unpacking; however, this overhead is far outweighed
by improved achieved transfer bandwidths that cut overall
application run time in half.

The data vectors that are on device were allocated using
CUDA’s unified memory which aided in the ease of develop-
ment and in reducing the complexity of initialization routines.
However, we found that manually triggering host-device trans-
fers prior to inter-node communication using cudaMemcpy
resulted in faster performance for computational routines. We



hypothesize that this performance improvement is due to the
manual memory transfers obviating the need for any latency in
computational kernels while waiting for hardware to migrate
the required data.

III. RESULTS AND DISCUSSION

We systematically establish the accuracy of our method by
validating the individual components of the algorithm. Then,
we present scaling results for the APR model on the Summit
supercomputer. Finally, we choose a realistic microvessel
network as an example and provide a memory cost breakdown,
focusing on the bandwidth saving due to the APR algorithm.

A. Validation of Multi-Resolution and Multi-Physics

To validate the APR algorithm, we first focused on a fluid-
only simulation and compare against an analytical solution for
the velocity field within a complex geometry to isolate and
validate the multi-resolution component. We then demonstrate
that the mapped out trajectories of a circulating tumor cell
(CTC) through an expanding microchannel using both APR
and eFSI are consistent. These experiments confirm the ability
of the APR method to accurately capture both the fluid profile
and the path of a single cell without requiring the resources of
a fully cell-resolved simulation, thereby enabling simulations
that would not be tractable without our APR approach.

(b)

(c) (d)

(a)

Fig. 4. Demonstration of multi-resolution validation using flow through a
helix of circular cross-section. (a) General schematic of the helix geometry
with an inset of simulation results for depicting fluid streamlines through the
bulk region and the finely resolved window. (b) Analytical solution [34] for
the secondary flow field. (c) Simulation streamlines for the secondary flow
field, through both the bulk and window regions, with contours giving the
axial velocity component in this plane. The yellow box depicts the region of
the window with a 10:1 resolution ratio and a 2 �m bulk resolution. (d) A
zoomed-in version of subfigure (c) showing the smooth secondary flow field
between the window in the yellow box and the bulk outside of the box. The
differences in resolution are visible through the node size in the bulk domain.

1) Validating Fluid dynamics Component of APR Simu-
lation: To first validate the coupling of different resolution
grids, we considered flow through a helical tube of circular
cross-section within which a finely resolved window is placed.
The helix geometry facilitates comparison with an analytical

TABLE I
SIMULATION L2 ERROR NORMS e FOR FLOW THROUGH A HELIX BASED

ON COMPARISON TO ANALYTICAL SOLUTIONS.

Resolution ratio (n) e bulk e wind

2 0.0288 0.01013
5 0.0288 0.00993

10 0.0288 0.00997
20 0.0288 0.00995

solution and, importantly, one in which all three velocity
components are non-zero—thus providing a sufficiently robust
validation. Furthermore, such a circuitous vessel is represen-
tative of the vascular geometric complexity which occurs in
physiology. We have also conducted comparisons of the APR
algorithm with analytical solutions for Poiseuille flow and
Womersley flow, representing both steady state and oscillatory
flow states common in the vasculature. In contrast to [3],
fluid dynamics validation is required as the APR method
uses multiple resolutions. Previous multi-block methods have
typically used resolution ratios of n = 2 or 4 at the sharp
interface between grids (e.g., [13], [14], [35]), while we tested
up to n = 20 across the interface in the following section.

Fig. 4a provides a general schematic of the helix geometry.
A helix with geometric parameters � = 
 = 0:05 and an
axial length traversing one turn was used, where � is the
dimensionless curvature and 
 is the dimensionless torsion.
The flow was characterized by Re = U0a=� = 50, and the
helix cross-section is set to have radius a = 50 µm. We
imposed an inlet flow rate corresponding to a Poiseuille flow
with U0 = 2 m=s and a kinematic viscosity of 2:0×106 m=s2.
These parameters were chosen to result in a cross-sectional
secondary flow field with non-negligible asymmetry to amplify
the 3D nature of the flow. For the finely resolved window, we
used resolution ratios n = 2, 5, 10, and 20 for a fixed bulk
resolution. The window has a side length of 30 µm, and was
placed on the helix centerline midway across the axial distance
spanned by the geometry. For the LBM simulation parameters,
we used a coarse grid relaxation time (�c) of 0:525 and a
corresponding fine-grid relaxation time (�f ) determined from
Eq. 7 for each of the resolution ratios. This �c value was
chosen such that �f ≤ 1, maintaining LBM’s accuracy [36].

Simulation results are provided in Fig. 4 and Table I for
each of the cases. The inset in Fig. 4a provides streamlines
through the geometry and illustrates the placement of the
window within the helix and the general flow configuration.
Fig. 4c depicts the secondary flow field at a cross-section
which intersects the window for a representative case, with
streamlines shown within both the bulk and window regions to
illustrate the recirculation patterns predicted by the simulation.
Both the contours of the axial velocity component in this plane
and the streamlines are in good qualitative agreement with the
analytical result shown in Fig. 4a.

We quantified the simulation accuracy for each case by
computing the L2 norms based on comparison to published


