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Neutron spectrum adjustment, or unfolding as it is commonly called, is an optimization problem. Modern Monte Carlo
neutron transport codes can produce high resolution neutron energy spectra. As computing power increases, the
statistical error due to the stochastic solution method can be made vanishingly small. Unfortunately, the error incurred
by the uncertainty in model parameters and transport cross sections still remains. The goal in spectrum adjustment is
to adjust the spectrum produced by a transport code so that it agrees more closely with measured data. Over the past
few decades, genetic algorithms have shown the ability to solve optimization problems in logistics such as the traveling
salesman and number partitioning problems. The use of a genetic algorithm by NASA in 2006 for antenna design
revealed even further potential for this abstract computational method. These and other successes led to the
development of a genetic algorithm for spectrum adjustment presented here. The algorithm was used to adjust the
spectrum at the center of the ACRR central cavity in the PLG bucket environment, and is compared to the adjustment
performed using LSL-M2. Although much work is still to be done, the results are promising.

Abstract

Neutron energy spectrum measurement is complicated by the fact that neutron detectors with high energy
resolution simply do not exist. The only information that can be gained experimentally are integral
quantities such as the total reaction rate for a given reaction. This information is gained through the use of
activation foils, where the activity after irradiation is proportional to the reaction rate. The reaction rate is
the integral of the product of the neutron flux and the reaction cross section over energy. As there are
typically less than 50 feasible activation foils, each leading to a single equation, this produces an under-
determined problem if the desired number of energy groups in the final spectrum, each of which is treated
as a variable, is greater than the number of activation foils at the experimenter’s disposal. For comparison,
codes like MCNP can produce spectra with hundreds of energy groups and very low statistical error.
Recently, LSL-M2 has been used to adjust the MCNP produced spectrum at the center of the PLG bucket in
the ACRR central cavity. The result is shown in Figure 1. The MCNP spectrum contained 89 energy groups
and a total of 37 activation foils were used. The LSL-M2 adjustment shows that the MCNP spectrum over-
predicted the flux in the low-energy range and under-predicted the flux in the high-energy range. This could
be due to several factors. For instance, the density of HDPE in the MCNP model of the PLG bucket could have
been too high, leading to an overestimation of the number of neutrons scattered to low energies.
Unfortunately, there is not such a simple explanation for the dips and peaks created by LSL-M2 in the mid-
energy range. These unrealistic peaks are one of the main reasons for the development of a new method.

Methods

Development of a Genetic Algorithm for Neutron 
Energy Spectrum Adjustment

Figure 1. LSL-M2 adjustment of the PLG spectrum
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Genetic algorithms attempt to solve an optimization problem by mimicking the
theory of natural selection. A population of possible solutions to the problem is
formed, and each specimen is assigned a fitness value based on the quantity
being optimized. To produce children, specimens are then chosen for mating
based on their fitness values; high fitness specimens mate more frequently than
low fitness specimens. In addition, the genes of each child are subject to a
random mutation with a pre-defined probability. The children produced should
inherit the good qualities of their parents, carrying them into further
generations. Mating is performed until the number of children equals the
number of specimens in the original population. This process is then repeated
for a pre-defined number of generations. Thus, for a genetic algorithm to work,
techniques for setting the population, assigning fitness values, specimen mating,
and gene mutation must be properly chosen.
Setting the population: In light of the unrealistic peaks produced by other
adjustment methods, it was desired to produce a smooth adjustment. A total of
13 points in the energy domain of interest were chosen. These points will be
referred to as sites. For each site, a Gaussian distributed random number with a
mean of zero and a standard deviation of 0.07 was added to unity and then a
least squares polynomial fit was generated, resulting in what will be referred to
as the shift function. Each specimen is characterized by the perturbation at each
site and the associated shift function. Thus, each specimen has 13 genes and the
shape of each specimen is determined by a polynomial fit through these 13
values. The shift functions of the initial population along with the spectra
themselves are shown in Figure 2. The results of Figure 2 are for a 5th order
polynomial fit, however the polynomial order is flexible in the code.

Figure 2. (left) Shift functions for the first 20 specimens in the initial population. (right) 
The associated specimen’s spectral shape functions (arbitrary magnitude).

Fitness function: The ultimate goal of spectrum adjustment is to produce a
spectrum that agrees more closely with measured data. In addition, the fitness
is typically a quantity to be maximized. Thus, a large fitness should correspond
to a small difference between measured and calculated reaction rates. This
leads to the following fitness function:
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where � is the fitness, � is a constant, � is the reaction cross section, � is the
neutron flux, and ∆� is the bin width of the energy group.

Mating: In order to produce new
solutions from the population of
possible solutions, gene crossover is
chosen as the mating algorithm. This
is performed by choosing a cutting
point between the 13 genes and
exchanging the genes of each parent
to produce two new solutions. This
process is shown schematically in
Figure 3. In the genetic algorithm pre- Figure 3. Depiction of the crossover method.

Mutation: It is often the case that several maxima exist for a given problem. To
avoid having the population converge on a fitness that is not the absolute
maximum fitness, there has to be competition to said convergence. This is the
purpose of mutation. Even after a solution has been converged upon, mutation
ensures that other areas of the solution space are being explored. The genetic
algorithm presented here uses gene-wise mutation. This is accomplished by first
setting a mutation probability �. During the mating process, each gene of each
of the children will have a set probability � of being perturbed randomly from
its inherited value. The perturbation is a Gaussian distributed random number
that is added to the previous value of the gene site.

sented here, each gene is a value perturbed from unity through which a poly-
nomial fit is generated. The product of the polynomial fit and the trial spectrum
is the specimen spectrum. This crossover guarantees that if two specimens of
relatively high fitness are chosen for mating, the children will be likely to inherit
the best qualities of both. Although multiple crossover points can be used, the
algorithm presented here uses single point crossover.
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Results

Despite the promising results shown above, the genetic algorithm presented here lacks one very
important quality; it does not give any information about the uncertainty in the adjusted spectrum as LSL-
M2 does. Unfortunately, the only way to get around this downfall would be to perform many adjustments
given different input data, reflecting the uncertainty in the transport cross sections and other model
parameters. A full run of the algorithm presented here of 500 generations takes less than 10 seconds in
serial. Parallelization may make it feasible to perform several thousand adjustments; however, the largest
computational cost would be in generating a large number of input spectra using MCNP with different
cross section libraries. Quantities that can be varied easily within the code and without generating new
input spectra are the measured activities and dosimetry cross sections, both of which have known
uncertainties. Aside from parallelization, further work in code verification will need to be done. This will
include examining the effect that the input ACRR trial spectrum has on the final adjusted spectrum. For
instance, changing the HDPE density in the MCNP model would significantly change the trial spectrum. It
is hoped that the genetic algorithm will arrive at the same adjusted spectrum shown in Figure 7. Code
verification using known standards in radiation metrology will also be performed.
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Effect of polynomial order: By far the most significant variable in the method
presented here is the order of the polynomial used when determining the shift
function for each specimen. As previously mentioned, to obtain a smooth
adjustment and to not introduce unrealistic peaks in the final result, a
polynomial shift function is fitted to the perturbation values that make up the
genes of each specimen. If the method converges on a maximum fitness, we
would expect for the shift functions of all specimens in the population to
migrate towards that which produces the maximum fitness. In fact, this is
exactly what is observed as can be seen in Figure 4. Each panel in Figure 4
represents the shift functions of the population at the end of 500 generations.

From Figure 4, it appears that not only does the shift function for the entire
population converge to that of the highest fitness, it also appears that the shape
of the maximum fitness shift function converges for polynomial orders greater
than 6. However, as the polynomial order approaches the number of sites, it is
expected that the polynomials will swing wildly in an attempt to pass through all
13 values. This is expected to impact the maximum fitness negatively, which can
be seen in Figure 5.

Figure 4. Shift functions for the first 20 specimens in the final population for various 
polynomial orders.
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Convergence speed: In all cases considered, the algorithm was shown to
converge in less than 100 generations. In addition, the convergence showed the
characteristics of a successful genetic algorithm; namely that the minimum,
average, and maximum fitness increased with increasing number of generation
at roughly the same rate and converged at nearly the same time. This general
trend can be seen in Figure 6.

Final adjustment and LSL-M2 comparison: The final results of the genetic
algorithm can be seen in Figure 7 and Table 1. Figure 7 should be compared to
the LSL-M2 adjustment of Figure 1. Table 1 shows the reaction rates predicted
by the LSL-M2 and genetic algorithm spectra, as well as the measured reaction
rates and percent error for each. The foil labeled ** is the reference foil.

Figure 6. Minimum, average, and maximum fitness as a function of generation.

Figure 7. Final adjustment by the genetic algorithm of the PLG Spectrum 

Table1. Comparison of reaction probabilities for LSL-M2 and the genetic algorithm.

Figure 5. Fitness of best solution as a function of polynomial order. 


