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ABSTRACT
_t

The MAntIS codewas developedas an aidtothedesignofradiofrequency(RF) antennas

forfusionapplications.The codesolvesfortheelectromagneticfieldsin threedimensions
• near the antenna structure with a realistic plasma load. Fourier analysis is used in the

two dimensions that are tangential to the plasma surface and backwall. The third dimen-
sion is handled analytically in a vacuum region with a general impedance match at the
plasma-vacuum interface. The impedance tensor is calculated for a slab plasma using the

ORION-lD code [JAEGER, E.F., BATCHELOR, D.B., WEITZNER, H., Nuclear Fusion
28 (I988) 53] with all three electric field components included and warm plasma correc-
t._ons. The code permits the modelling of complicated antenna structures by superposing

currents that flow on the surfaces of rectangular parallelepipeds. Specified current elements
have feeders that continuously connect the current flowing from the ends of the strap to
the feeders. The elements may have an arbitrary orientation with respect to the static

magnetic field. Currents are permitted to vary along the length of the current strap and
feeders. Parameters that describe this current variation can be adjusted to approximately
satisfy boundary conditions on the current elements. The methods used in MAntiS and

results for a preliminary loop antenna design are presented.



1 MOD_ LLING OF ANTENNAS WITH PLASMA

" Waves with frequencies in the ion cyclotron (or gyro) range of frequencies (ICRF) have
been successfully used to heat plasmas and modify the operation of experimental fltsion

- devices. These radio frequency (RF) systems are attractive for ma_ly applications in fusion

reactors because they are reliable, effective and relatively inexpensive. Applications for
reactors include the driving of steady-state currents, the stabilization of sawteeth, and the

auxiliary heating of plasma to ignition.

Crucial components of these RF systems are the antenna and the surrounding structure
that directly couple the PtF power from a remote transmitter to the fusion-grade plasma.

A somewhat simplified example of an RF system to launch fast magnetosoIfic waves into

the plasma, shown in Fig. 1, helps to illustrate the features of a typical antenna. As shown
in Fig. 2, feedthroughs at the ends of the current strap are connected to capacitors. These
capacitors can be adjusted to help tune the LC circuit to the desired frequency. The current

strap in this antenna design is sheltered from the plasma by a row of tubes, referred to as a
Faraday shield. Additional protection for the Faraday shield is provided by bumper limiters.
These bumper limiters produce a plasma density profile with a very short scale length for

radial decay in front of the Faraday shield. The antenna structure is mounted in the shadow

of yet another main limiter and/or a divertor that helps isolate the fusion-grade plasma from
the structural portions of the fusion device.

The Faraday shield greatly reduces capacitive coupling between the plasma and the
parts at high voltage inside the antenna structure, but allows RF magnetic flux to pass

. through. The antenna is designed so that a maximum in the RF current (and therefore
magnetic flux) occurs on the current strap to optimize the power coupling. The RF near
fields couple power to the plasma inductively by tunnelling through an evanescent region

• where the plasma density is too low for wave propagation.
Conflicting requirements must be satisfied when designing an RF antenna system. The

antenna must couple a predetermined amount of RF power to the plasma at a specific

frequency. Restrictions may be placed on the Fourier spectrum of the power to achieve
111,,a desired result in the plasma. The antenna must ":* within a specified region, and it

must remain rigid during disruptions. The structure_ must tolerate heat loads both from

the plasma and from Joule dissipation of RF current_ The maximum amplitude of the
electric fields in the antenna is restricted for two reasons' first, field strengths greater than

roughly 2 MV/m can produce arcing within the antenna structure; second, high values for
the electric field near the plasma may give rise to impurities. Ultimately, the plasma loading

determines the performance of the antenna.

To simplify the design effort, a computer model is needed for estimating the plasma
loading, the maximum electric field, and the Fourier power spectrum. The model sholtld

provide this information rapidly so that numerous design alternatives can be considered.
The model must include the most important aspects from the plasma physics perspective;

however, it should not be unnecessarily complicated.

1.1 Choice of a model

Ideally, the model would include at least five effects. It would (1) calculate electromag-
netic fields, accounting for structural variations and current flows in all three dimensions,



(2) solve for the currents in a manner that is self-consistent with all boundary conditions,

(3) transiently model all parts of the electrical circuit, including remotely located capacitors
and tuning stubs, (4) include fast and slow wave effects in the plasma, and (5) permit finite
temperature corrections to the cold plasma approximation. Modelling these effects simulta-

neously represents a formidable task, so simplification of the problem must be considered.
Commercial three-dimensional (3-D) packages are available to model most of the detail

shown in Fig. 1 using finite element or finite difference techniques. However, these packages
include only simple dielectric effects, which are not sufficient to determine the plasma load-
ing. These packages are also slow, expensive, and difficult to set up. Thus, for preliminary

designs, commercial packages seldom provide information more useful than that available
from simpler models that include realistic plasma effects.

Lumped circuit analysis can be used to model a large portion of the RF system. Tiffs

analysis is valid because most antennas are meant to operate at a fixed frequency for times
that are much longer than 1/w, where w is the resonant frequency. Furthermore, the plasma

is intended to remain slowly varying during normal RF operation. Thus, feedback circuits
can be designed without detailed modelling of the antenna structure [1] if variations in the

plasma loading, caused by changes in plasma parameters, are known. Therefore, the explicit
modelling of transient effects is usually not necessary in the antenna modelling.

The modelling can be fin'ther simplified because the antenna structure typically has a

ratio of stored RF field energy to transmitted power that is much larger than 1/w (high Q).
Also, lumped circuit transmission-line models and experimental measurements imply that

the shape of the current along the current strap does not change dramatically under loading
for high Q systems. Thus, a prescribed (not self-consistent) current profile along the current
strap, including divergence of the current, is often sufficient to obtain reasonable estimates

for plasma loading. Rough estimates for the maximum electric field and power spectrum
may also be obtained from a model with a prescribed current profile.

If detailed studies of fields near the Faraday shield are not of interest, then an alternative

to explicitly modelling the Faraday shield may be used. One alternative takes advantage of
the fact that most plasmas in the edge region of fusion devices are very good conductors in

the direction of the static magnetic field. Ignoring any nonlinear changes, the conductivity
of the plasma along the static magnetic field produces an effect on the el" :tric fields that

is very similar to that of a well-designed Faraday shield. Fields found using, this alternative
can be corrected for the most important effects caused by the shield, such as changes caused

by finite thickness in the radial direction.
Fourier analysis in the directions that are tangential to the plasma surface results in

tremendous simplification of the interface between vacuttm and plasma. Plasma loading
results and information about the power spectrum can be obtained rapidly without re-

constructing the fields in real space. General current descriptions can be constructed and
one-dimensional solutions in the radial direction can be found rapidly by analytic or nu-

merical techniques.

Estimating the maximum electric fields near the current strap requires distributing
charge along the strap by permitting a non-zero divergence of the current density. Elec-

trostatic fields resulting from this buildup of charge can be very large, especially when the
current strap length becomes an appreciable fraction of the free space wavelength. The

variation of the current along the strap from transmission-line analysis is frequently called

the finite phase velocity, rc, where v¢ = Aw/2rc and As is the effective wavelength describing



the cttrrent variation along the strap. Capacitive effects from the Faraday shield can cruise

, v¢ to be significantly less than the speed of light in a vacuttrn. For example, a current strap

with a length of Al2 would have a null in the current at some point along the strap and

therefore an extremtml in the charge. This charge causes a radial electric field between the

" current strap and the Faraday shield. This radial electric field must be considered in the

model if it is large enough to cause arcing or produce impurities. To prevent an artificial

divergence of the current at the ends of the current strap, feeders that carry away residual
currents are needed.

With these considerations, Fourier analysis in two directions with coupling to a slab

plasma was chosen as the method for modelling in MAntiS. The cross-section of the antenna

structure shown in Fig. 2 illustrates the basic components modelled in MAntiS. The ORION-

lD code [2] was chosen to calculate the impedance match at the plasma-vacuum interface

in the same manner as that used by BrambiUa [3]. Current strap representations allow

variation of the current along the current strap and feeders. Continuity is maintained at

the connections between the current strap and the feeders. A general variational principle [4]

was not used, but minimization techniques can be used to approximately satisfy boundary

conditions on the current strap. Multiple current elements with standing wave patterns on

tile feeder elements were implemented to model RF systems based on the folded waveguide

concept [5,6]. The Faraday shield is not explicitly modelled in MAntIS; however, corrections

can be made for a Faraday shield aligned with the static magnetic field, as demonstrated

in Section 7 for a current strap with length of roughly ,k/2.

The remainder of the paper is organized as follows. Section 2 describes the equations that

" are solved by MAntIS and the Fourier analysis used. Section 3 describes the methods used to

represent basic current elements (which include feeders). Section 4 describes the botmdary

. and matching conditions used in the vacuum region and gives the analytic field solutions in

Fourier space. Section 5 briefly describes the calculation of the plasma impedance matrix

using the ORION-lD code. Section 6 describes diagnostics that are used to ensure that

the appropriate conservation relations are satisfied. Section 7 gives the results of a single-

element model for a simple loop antenna design using finite phase velocity along the current

strap to obtain electric field limitations on plasma coupling.



2 PROCEDURE

MaxweU's equations in a vacuum region for fields with a single frequency are completely
described by

092

+ v = -i .0J (1)
where/_ and fare complex quantities referring to the electric field and current respectively,

omitting the exp(-iwt) dependence. Following Figs 1 and 2 mid as .d!scussed in Section 1,
the region near the antenna is modelled as a periodic slab. The slab represents a torus with

minor radius a and major radius R. Differences between ap and as, as shown in Fig. 1, are

typically small. The expansion in the slab model typically uses a value of a _ ap and R is
taken at the magnetic axis.

Using a Cartesian coordinate system with y in the poloidal direction and z in the torc)idal
direction, we expand the field and current components using a complete basis over the range

-Tta < y <_1ra and -rtr _<z < _rR, e.g.

J(x,y,z) = _ J_"_'n(z)exp{i[(my/a) + (nz/R)]} (2)
ro,r,

with

x exp{-i[(my/a) + (nz/R)]}dz dy (3)

where m and n are integers ranging from -co to oo. (The explicit x dependence will

be dropped in most instances, but is retained for emphasis in some equations.) Charge
conservation and Maxwell's equations give _. f = /wp = iwg. E/(l.toc2). Using this

relationship and applying the Fourier analysis implied by Eq. (2) to Eq. (1), we find that
the Fourier components satisfy

i d2E_ 'n _2m,n_,n _dz2 + _± _u -

- iwtto ,I'_,n + m__ .02 2 a

d2Ey,n /,,2m,n ls-vrn,n _
-t-%1_ _z --dx 2

[ ]
where f is treated as a source term. The E m,n component can be determined from the

solutions to Eqs (4a) and (4b) by Fourier analysis of the x-component of Eq. (1), giving
d lZ_,m,nim ---u

k 2m,n Em,n ; ..... rm,n
3_ x -- -- t'a" la'Oaa: +

a d_ (4c) "
in dE_ '_

+
R dx

,_± - - . refers to the Fourier,¢

components of the time derivative of the charge density, iwp_'_(x).



3 REPRESENTATION OF GENERALIZED CURP_ENT

ELEMENTS

In choosing the basic element for modelling antenna structures in MAntIS, one consid..
" eration was to ensure that general modelling of complicated antenna structures could be

readily performed by superposition. Another consideration was to choose the element in a
way that allowed the current at the ends of the strap to be continuous with the current on

the connecting ends of the feeders. Enforcing this continuity by analytic means is important
so that artificial singularities need not be cancelled numerically.

The basic elements for representing the geometry of an antenna in MAntIS are rectan-

gular parallelepipeds. The RF currents flow on the surfaces of these parallelepipeds. Com-
plicated structures can be modelled using an arbitrary number of basic elements. These

elements are represented by introducing a geometry function, f(z, y, z), that has a value of
one inside the parallelepiped and zero outside. As shown in Fig. 3, we introduce a Carte-

sian coordinate system, (x', y', z'), that is rotated around the x-axis by an angle 0 from the

z-axis. The transformation to this coordinate system is x = x', y = Yc + Y' cos(P) + z' sin(P)

and z = zc - y' sin(0) + z'cos(O). Heaviside step functions, (9, describe f, giving

The feeders are included in the basic element, and are arbitrarily chosen to be at z' = =t=_q/2

. without loss of generality. We simplify the model by constraining the currents to flow in
tile z'-direction on the current strap at z = d and in the z-direction on the feeders.

The currents flowing on the strap at x = d are described by a surf_me current flmction,

K(y, z), that is continuous and defined throughout the periodic domain. Thus, the current
density on this element is modelled by

J: K(y,z) Of(z,y,z)(cos 0_ + sin 09) + J_i (6a)0z

The current density on the feeders is chosen to be

- , [0 Of 8_--yy]j_(x) (6b)J_= K(y z)cos _zz +sin Of

where the complex function, j_,(z), describes the variation of current along the feeders.
Constraining the value of j_(z = d) = 1 ensures continuity of the currents flowing from the

main strap onto the feeders at z_ = -t-_/2. A general expansion for j_ gives

oo

j_(m) = _ jr, exp[iplr(x - d)/aw] (7a)ai
p=-cc

with
d

jp = 1 (7b)
p-----_



and

i fa La_
JP = _a_ Ja-,,, j_,(x)exp[-iv_r(x - d)la,_]dx (7c)

The step behaviour in the geometry function, f, restricts the use of j, to the range from
x=dtoz=d+aw.

The Fourier analysis for the geometry function is carried out by applying the example

of Eq. (3) to Eq. (5). The integration is carried out in the (z',y',z') coordinate system,

where the step functions can be used to limit the range of integration. The result is

ffn'n(x) = exp{-i[(myc/a) + (nz</R)]} @(x- d)
lr2a R

sin {a [(roa)coso - (n/R)sin 0]/2}x
[(m/_)co,0- (,_IR),_.O]

sin{/S[(m/a)sinO + (n/R)cosO]/2}×
[(m/_)_in0+ (n/n)co_O]

m,.#o (s)
_Z

f°'°(x) = 4_r2aR ®(X - d)

Fourier components of the currents are obtained by using convolutions of K with f. K can

be used to represent spatial variations in the driven RF current that arise from finite phase

velocity, e.g. K(y',z) = cos(wy'/v_). Using orthogonality of the basi_ functions, we find

the Fourier components of f from Eq. (6),

fm,. = E Km,.,#_-_',"-"'
m',n' dz (9a)

x (cos0_ + sin 09) + d_'ni

When a finite number of Fourier modes is used, twice as many modes must be retained for

the f function as for the K function to produce the correct fm,, coefficients.

In Fourier space, the feeder currents are

rrl,rl ,

jm,n =,7"; 3_(z)=-i E f"_-""n-'¢g'_'"v

m - m' .. - n' (._b)
X (_sinO+_cosO) j_,(Z)aR

Feeder currents in the z direction require particular solutions for Eqs (4a) and (4b), if

dj_(x)/dx is not zero. These solutions are obtained analytically by using Eqs (7) for j_ in
Section 4.



4 BOUNDARY CONDITIONS AND MATCHING

For each basic current element, the cre'rent-free region between the plasma-vacuum

interface at x = 0 and the current strap at ¢ = d is denoted Region II (see Fig. 3). The

" region between the strap at x = d and the backwall at x = d + au, is denoted Region I. A
specified electric field is applied for the boundary condition at the backwall. For example,

E_'"(z = d + a_) = 0 and E_'"(z = d + a_) = 0 is the boundary condition for a perfectly
conducting backwall.

At the interface between Regions I and II, the delta flmction, 6(x - d), arising from
OfOa: is treated analytically. Thus, Eqs (4a) and (4b) are integrated across the infinitesimal

boundary at x = d while maintaining continuity for both the E_n'n and E_ 'n components.
(Ezm'n can be discontinuous at x = d.) In Region r, the delta functions arising from OfOy
and Of/Oz are true discontinuities only in the limit that an infinite number of Fourier
modes is considered. Thus, the scale length of resolution for the feeders and the ends of the

main strap depends upon the largest Fourier harmonic retained in the calculation.

With Eqs (Ta) and (95), the solutions to Eqs (4a) and (45)in Region l are

Em,n = A_n,n

+ B_"_exp [-ik_''(a: - d - a,_)] (li)a)
1"ft, lh

+ Pu (x)

E m,n =CT,,,I exp [ik_"'(:r - d- au,)]

+ D_n'nexp [-ik_l'_(¢ - d- a_)] (lOb)

+ PT'"(x)
u

where '

pm,,_(x) ip_lrc 2 m
waw a

pip exp[ipTr(x - d)/a_] (li}c)

p-- - oo "..k

and

PT'"(x) - i_0_rc2n .'r",-
5t)a w R "_"_

× _ vj._xp[iw(_- a)/_] (l_d)2..,. _ p'-,r_/a_p:-oo '*J_

r:l_l ilr1_ /

Using the notation, z_i tz = d + aw), to represent the specified field at the boundary,
:c = d + au,, gives

,a

=EuI (z:d+a_,)-

. oo p(__l)Pj p (lOe)
i_'rc2 T.,r,,.,, _ z.2,,,.,,,,,a_ a "_ - p2,r2/a_p= - oo ".l_



and

D_'' = E. Im'n(x= d + a,_) - C_ 'n

o¢ 1)Pip (1Of)

Waw R ''= p=__ u.l - -

In Region II, the solutions to Eqs (4a) and (4b) are

Eta,. (ikO,nx) n,-,.,,,_ulI = A_I'"exp + "-'II exp(-ik_ 'nx) (lla)

nm'n exp(-ik_'nx) (llb)_"zIIb"Tm'n= _"llPm'nexp(ik_ 'n:e) + *"II

Integration of Eqs (4a) and (4b) across the x = d location yields the jump condition for the
derivatives at x = d:

_'yII ' m,n
- = -zwpto._..u (12a)

dx ==d dz ==d

where

y --
Tnlln $

x 1 w2 a2 ]sinO w 2 aR coso

and

I I"".II = -iwpoK.7 'n (125) .
dr, ==d dx ==d

where

_r; t _r; t

x 1 w2 R2 coso w 2 aR

The surface terms, _m,,_ and K:_ 'n include both current and charge sottrces for the fields.
Differentiating Eqs (10) and (11) for use in Eq. (12), we find that the jump condition

at x = d becomes

ZX.L"m'n t"_ura m'n exp( ik _ '''d) - *-'II_m'nexp(-ik_'nd)] =

,x± [A'_'nexp(-ik'_'naw)- B_'nexp(ik_'naw)] (la )
dp_ n

• rn,n --- Y

+ _olf, u + dx
==d

-

(13b)

dP 'n'n ]
+ _Uo/(:_'' + --..__z._,

dx ==ct
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and the match condition at z = d is obtained using Eqs (10) and (11) to give

• .m,n exp(-ikr_'nd) = .._,n exp(--ikr_'naw)A '"exp(iC'"a)+
+ B_,,n . m,n m,n _ =exp(zk± a_)+ By (x d)

I,

and

Cm''exp(ik'_''d) + D_i'nexp(--ik_'nd) = C_'nexp(-ikj'_'naw)
II (13d)

+ D_,n , .,m,nexp[_tc.L a_) + P_'n(x = d)

Using Eq. (13), we can write the Region II coefficients in terms of A_ 'n and C_'" so

that Eq. (11) becomes

ETIrl ITI,

uII =A_ n'n {exp[ik_'n( x - aw - d)]- exp[-ik_'n(_ - aw - d)]}

wpo _m,n {exp[ik_,n(x _ d)]- exp[-ik_'n(x - d)]}
+ 2k_,,_.-y

+ E_'n(z = d + aw)exp[-ik_'n(x - aw - d)]

i#oTrc2 m oo pip

p"- oo ".£

X _ kt,haw -t-1 -d)]

1 ( p'n" )exp[_ikn_,n(x d) ]- -_ k,_,n---_ 1 -

• - (-1)Vexp[-ik_'n(_ - d- a_)]_
)

Em in

zlI =C_I 'n {exp[ikT'n( x - au, - d)]- exp[-ikT'n(x --aw - d)]}

+ obm,n'-zwtt°_m,n {exp[ik_,n(x _ d)]- exp[-ik_'n(x - d)]}
d'dlV k

+ E_"_(x = d + aw) exp[-ik_'n(z - aw - d)]

0o pjp
i].tO_C 2 n _,_rn,n E /,2rn,n

+ waw R _ p=-_'.l. -p2rr2/a_

- - _,,__ 1 exp[-..ik_'_(x - el]

- (- 1) exp[-ikr,"( - d-
%

lm

/

m

The last two equations for the Region I coefficients are obtained by considering the

match between the vacuum region (Region II) and the plasma. The match is taken to be
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in the vacuum just outside the plasma surface, so that if no source currents pass through
the interface between the vacuum region and the plasma surface (f(x = 0) = 0), then

continuity of the magnetic field implies that the matching condition can take the form of

an impedance matrix [3]. The impedance match at z - 0 is written with the assumption
that toroidal and poloidal modes are not coupled (periodic slab approximation), giving

,n 1 [ _m,n _tn,n

W (" - 0)- _ k...,_o_, (15_)
_m,nRm,n 1

+---1= ---_ J==o

1 [Tm,nRm, n

E7,"(_= o)= 7ooL"=_ _ (_hb)
_rrn,n l:_rrt,rt 1

+'-'aa _'= J==0

Z m'n coefficients of the impedance matrix are calculated as described in Section 5where the--ii
and the notation [...]_=0 indicates that all field components inside the brackets are to be
evaluated at x = 0. The tangential components of V x/_ =/w/3 in Fourier space give

_ _ (la_)
u° Bu - R _=o

[ ]ixoB2,,, _ ---u im_,,_ (15d) "
ga: a x=o

Thus, if the impedance matrix is known (see Section 5), then Eq. (14) can be used to
calculate dEm"_/dx and dE_'n/dx in Region II at x = 0. These derivatives at x = 0 are

then used in Eq. (4c) to eliminate E_"_(x = 0) in Eqs (15c) and (lhd). The resulting two
r,m,n by using Eq. (14)equations relate the two unknown Region I coefficients, A_ 'n and ,_q , °

to evaluate E_ '_ and E_ 'n at z = 0.
Specific solutions for A_n'n and C_n''_ for ,._¢ofeeder options have been tested in MAntIS

and are given in the Appendix. The first option includes currents that are constant and
continuous along the feeder. The second feeder option permits both standing wave and
travelling wave currents with wavelength 2a_ to flow on the feeder elements. This option
has been used primarily for folded waveguide modelling [5,6].
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5 SOLUTION OF PLASMA IMPEDANCE MATRIX

The calculation of the impedance matrix for the plasma-vacuum interface is obtained

by using the ORION-lD code [2]. ORION-lD models a slab plasma using Fourier analysis
, in the direction of the static magnetic field and in the direction orthogonal to both pressttre

gradients and the static magnetic field. Periodicity conditions for the directions that are
Fourier analysed are chosen to represent the poloidal and toroidal directions shown in Fig. 1.

The equations solved are the three components of

O32

-v x v x = (I0)
8

where the summation is over the plasma species s and 2_is an external source term. The

plasma current density terms, _, are calculated using second-order finite temperature cor-
rections to the warm plasma die|ectric tensor. A sixth-order finite difference technJque is
used to solve Eq. (16) in the direction of the plasma density and temperature gradients.
The numerical implementation used to calculate the impedance matrix is described below.

Faraday's law, _ × E = iO3B, applies at all finite difference nodes regardless of the
presence of plasma currents. With a conservative finite difference scheme, the numerical

representation of Faraday's law is

it , _m,n _ ik; tr!m,n= iO3B.,,_N_ (17a)"Y JL"zN _'_yN

. .,_ ,=,m,n _ {r,m,n - r'm'n )/A = zwZ_uN-_",-,m,n (17b)ZtCz r.,,,. N_ 1 _'"zN _zN- 1

"" ) la-"- _,m,. =: .m,. (]7c)( _Tm, n _ EyN_ 1 Zteyr-J _:N-1 Z_ D zN_ 1. \_uN

where ku = m/a and k_ = n/R for periodic botmdaries in the y- and z-directions. In
Eq. (17), N refers to the numerical nodes just on the vacuum side of the plasma-vacuttm
boundary and A is the discrete step size in the z-direction. Field values at these last
two locations (separated by A/2) represent the numerical resolution of the plasma-vacuum

boundary. The correspondences between field values and node location are shown in Fig. 4
and are such that the numerical implementation of Stokes' theorem and the divergence

theorem are satisfied. The remaining Maxwell's equation is written for this node as

-- = t.tO J _N --_ E _,"_ (lSa). m,n ik_Bu,','_Nn m,,', lo3 ,_zkuBzN

m_l'l m,rt )
nra,._ B_N-B_N_ _ lAikz _'_N

(18b)
_m,n lo3 b_Irn,n

= _%z - -_-yN

(.m,. .m,- )/A - i%- "_'",, _L"yN -- "'yN-1 _"xN• (lsc)
. lrrn,n ZO3_-_rr_,n

-- _OdzN -- __ zN

" Ictm'n I:lm'n and l:lm'n m,nUsing Eq. (17) to eliminate -_N, --yN-_, --_N-_ in Eq. (18) and considering BuN
i_m, n

and _'_N to be source terms, we obtain the numerical boundary equations at the impedance
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match location (_ = 0):

Ern,n - ic 2/. rm,n ., ,_m,,,
_N -- U2 __OJ_N -- ZteyDzN (19 )

C2 I2rn'n
iC 2 kY l2rn,n _'_yN-1 c2 . • Em,n
w 2 A_=u-_+w2 A2 +-_u_z _U

+ 1--_ EyN

=_#0w "yN + --_ BzN

C2 CA l_rn,nC2 _z _rn,n l_m,n l"_zN-1

022 A _a:N-1 + -_kykz-yN + 022 A2

+ 1- _-7 _'_N (19c)

-- ic 2 [ rm,n 1 m,n
-- _0 _' zN ByNw #0A ]

Because the impedance match is in a vacuum region, and it is assumed that no antenna

source currents penetrate the plasma surface, ali components at the Nth nodes of fm,n
z,

are zero (see Fig. 4). The impedance tensor, Z, described in Eqs (15a) and (15t,) is sys-
r_m,,_ _m,,_ = 0 to obtain Z_x'" and Z_I 'n fromtematically calculated by setting _'yN = Po and _'zN

the _yN_m'nand "-'zNmm'nsolutions provided by ORION-lD. The Z_'" and Z_'" coefficients are
]_rt%,n __ ]_?n,n

similarly found by setting "zN Po and _'uN = 0. The impedance tensor is calculated

for a desired range of m and n values and plasma parameters and can be used for many

subsequent MAntIS runs.

At the wall opposite the plasma impedance matching location, OKION-1D makes a

transition from warm to cold plasma and then applies a conducting wall boundary condition.

An outgoing boundary condition is presently simulated by using an artificial absorber [2].
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6 POWER BALANCE

" Solutions obtained by MAntIS were checked by ensuring that

f,E.,f'dv= 1 Ref_(/_x/_') ds (20a)

where the asterisk • indicates the complex conjugate, v denotes the volume integral, s de-

notes the plasma surface integral and the subscript • denotes the component perpendicular

to the plasma surface. Wave energy conservation was computed by three separate means

to ensure that the coefficients were properly calculated.

The first calculation is based on the Poynting flux using orthogonality of the basis set

to perform the integral'

/ (e× ( :O)dydz (20b)
where E is constructed at x = 0 using Eq. (14) and the coefficients from the Appendix and

applying the example of Eq. (2). Faraday's law was used to construct B* in Fourier space.
The second calculation is based on evaluation of

l fd+"" f" f_n _. f'dz dy dz (20c)PE.J -" _ Jo _ra 7rR

where analytic integration in the x-direction is performed using Eqs (9) and (14) and the

Appendix with numerical summation of the resulting coefficients. Conservation of energy

requires that the real part of PE.J = PF×s. The imaginary part of PE.J is the reactive or

" recirculating power.
The third calculation involves the reconstructed electric and magnetic fields in real

space. Carrying out the surface integral of the Poynting flux numerically gives

I J

pa 1

(2Od)
• ,

where the values are from the same grid as that used to plot the real-space reconstruction.

In this equation, Ay and Az are the real-space step sizes for the numerical grid.
The results from the first and second methods for the (typical) example considered in

Section 7 agree to 13 significant digits using IEEE standard double-precision arithmetic

(approximately 16 digits of accuracy), indicating the integrity of the coding. The third

calculation depends on the range of integration considered in the reconstruction and the

grid spacing, as well as the directionality of the launched power.

m,
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7 RESULTS

The MAntIS code has been used to model very complicated antenna structtu'es, such

as the folded waveguide [5,6], by superimposing many basic current elements. However, to
illustrate the use of some of the code's features, a simple current strap with feeders and

finite phase velocity v¢ along the main strap is presented here. This particular exmnple
stems from early design considerations for a simple loop antenna to be used in the Frascati

Tokamak Upgrade (FT-U) experiment in Frascati, Italy. The design parameters are given
in Table I; the coupled power through a single port was required to be between 0.5 and
1 MW.

The modelling was performed using 201 poloidal and 401 toroidal Fourier modes, where

y is the poloidal direction (along the main strap) and z is the toroidal direction (along the
static magnetic field). The cold deuterium plasma density profile used in ORION-lD to

calculate the impedance tensor, Z, can be described by the following analytic formula:

n= (no- n_) 1- + n_, r <_a, (21)

where values for the parameters are given in Table I. Two loop antennas that. were fed
separately and stacked poloidally were considered so that the RF magnetic field could be
maximized. The height of each strap was chosen to roughly match the expected half-

wavelength at w = 433 MHz for a finite phase velocity of 0.5 c with the maximt_n current

carried at the center of the strap. The finite phase velocity effect is introduced in Eq. (6) by

setting K(y, z) = cos (wy/v¢). A feeder carrying zero net current at the centre of each strap
is required to produce such a current profile but is not explicitly considered in the model.

The result of this choice is that the feeders carry only a small fraction of the maximum
current density.

For the example considered here, 75% of the power was accounted for in the range

-0.1 m < y, z < 0.1 m. The real-space integration is a useful diagnostic of the directionality
of the launch power as well as an additional check of the code.

Figures 5 and 6 were generated using Eq. (2) to reconstruct each RF electric and mag-
netic field component over a range from -0.1 m to 0.1 m in both the y- and z-directions with

72 points in each direction. The fields were reconstructed at 11 evenly spaced x-locations be-
tween the plasma interface and the conducting backwall. The geometry function surface was

constructed by normalizing to the peak value in the feeder regions and choosing the nearest

x-reconstruction plane for the main strap. The modulus of the RF fields and the isosurfaces
of the modulus were generated using Data Explorer on a RISC System 6000 workstation

with color-to-greyscale conversion and image enhancement using the PBMPLUS package
((_) 1989, 1991 by Jef Poskanzer).

Figure 5 shows that the maximum RF magnetic field occurs near the centre of the
main current strap, where the current is at a maximum. Figure 6 shows the electric field
isosurfaces that occur between the current strap and the plasma. The electric field is

predominantly in the radial (x) direction, pointing from the strap to the plasma, near the

top of the main strap and in the opposite direction near the bottom. These fields are
primarily capacitive because of the charge buildup near the ends of the strap caused by the
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finite phase velocity. A real antenna has a Faraday shield, consisting of parallel bars placed

. roughly perpendicular to the strap, to isolate this electrostatic field from tile plasma and
reduce nonlinear effects. The electric field in the model does not account for the Faraday

shield explicitly; however, the plasma is a very good conductor in the direction of the static

• magnetic field lines (roughly toroidal) and behaves in a manner very similar to _. Faraday

shield for the plasma density that was used.

If we consider the plasma and current strap with a vacuum separation as a caI,_',cii,or,

the electric field that would result from a Faraday shield of finite thickness, dr, is increased

by a factor of roughly d/(d - di). The coupled power corresponding to a maximum electric

field of 1.74 × 104 V/m is calculated to be 12.8 W for d f = O. With the power normalized

to the estimated maximum tolerable electric field for arcing of 2 × l0 s V/m and a Faraday

shield with df = 0.01 m, the maximttm coupled power using the structure is predicted by the
model to be 42 kW. Thus, the modelling shows that two such antennas that are separately

driven and poloidally stacked in the port of the machine will couple less than 10(} kW. This

coupling is far below the design requirement and demonstrates the difficulties involved in

using a standard loop antenna design to couple power to the FT-U plasma. Extensive

modelling using MAntIS for a folded waveguide launching structure has shown the folded

waveguide technology to be a possible solution to the problem of large electric fields when

coupling RF power to the FT-U plasma [5,6].

APPENDIX

'" Two combinations of feeder type and backwall boundary have been tested in MAntiS for

two different types of modelling. Both combinations satisfy Eq. (7b).

. The first combination has constant current along each feeder, j0 = 1 and jp¢o -" (}, with

,_m,n, _'m'n(X = d+ a_) = 0 (conducting back-boundary conditions of t_uI tx = d + aw) = 0 and _,I
wall). This combination has been used for typical loop antenna modelling, as demonstrated
in Section 7.

The second combination has both standing and travelling waves for the current along the

feeder such that jl = (¢ + 1/2), J-1 = -(_- 1/2), and Jp¢±l = 0. The boundary conditions

used with this feeder type are

Ey,,.,,_,, i#oTrc2 m ,7_.n
I tx=d+aw) - waw a

-2¢ (Ala)

×
Era,hz i#o_rc 2 n ._rn.n

zI (x=d+aw)-waw R ''_

-2¢ (AIb)

where j m,n is defined by Eq. (gb), and ¢ is a travelling wave parameter. This boundary

- condition is equivalent to a conducting backwall for standing waves where _ = 0, but

permits power carried by the travelling wave to flow through the backwall when _ _ 0. This



16

combination has been used to model folded waveguide antenna structures [5,6] primwily
for ¢ = O.

The fields in Region II are

Em,n -Ar_ 'n {exp[ik_'n(z - aw d)]- exp[-ik_'n(z - ew d)]}yll -- --

+2C,..-_ +---_7'2 '_ (A2a)

x {exp[ik_'n(z - d)] - exp[-ik_'n($ - d)]}

+ 7_m'nr {exp[ik_'n(x - d)] + exp[-ik_'n(z - d)]}• 11 "s

E IT& irt=ii =c? '"{exp[ik[""(• - _ - a)]- exp[-ik_'"(_- _ a)]}

______0(_:_,_+ _ _7,_)+ 2k'_ '_ aww.-'--'-_o (A2b)

x {exp[ik_''(z - d)]- exp[--,X_L"m'n(z- d)]}

+ 792'n¢ {exp[ik_in(z - d)] + exp[-ik_in(x - d)]}

where

tto_rc2/wav_ m _ gm,,n, fm_m,,n_n,
f_ .L _1 li,li

m _ m I 7_ _ l'l ! )
x _sinfl+_cosO

a R -,

and

na

7;)7 ,n = ,TDrn,n
mR" y

The solutions for the Region I coefficients, A_ 'n and crm"_"'I , are compactly written as

AT + rm,,', fCm,,",--i 'n a_ -- _r_-- --(li/ --_/eff

c?,n _pmin _'m,ri + pmirl T('m,n----Cy -'Yeff --ez --Zeff

-_'t-_"u-u +-_-_ ]

where

dpm'n I
,.(_. T2"ilrI,IEL --- _l , , t,,"n2,12

-e #._oxxuaf = dz __d -t-_cO/'t0/k'y
I

dp_, ,_

I_=d +iwP°Icm'n
iwpoK_? - dz,

and
t
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----- c_ 1 _ _+ )

1"4m,n _m,n _x(-_T'" +,-,2 _+ ,
m,n_m,n_rm,n_tm,nl#_m,ne_= /o_ _+ _+ J d

Fm,n -- ¢01l'0 m,n m,n m,n
= 2k_,,,,[& (_+ ¢_CI Z

rain m llrl. mt'Ft-¢_ ¢+ )]/ra
FFFI in ---,,_ - [(<_T''¢_'2''- ¢+,"1(¢_'2,"- ,_._,_"',"-,,_,"_.,.+,

_ 1Gl"lilv'l _ I.TT_IF'_I'_FTIIlrLd. "n'_ i1VI'1 lr_min
+_2 W- Pl (/)+ Jlld

r=,. = [_1_,-(__=,-¢_=,-._,=,.._',._llv',.apz -- -- w+ w+ ]Jl* d

= 2kT'" [% " .,,. ,.,._ m,,, m,,, Fm,.C_

-- ;"_'_-_,nt t 2 + -
-cz 2k±

x(¢"_""- c,_m'"'_"'¢+
.._ f4'tn_n,,hT_q,_n _ ?Tl,,l"t A l'_ _1"11/1._?n,n

tj1 '4_+ c_2 cP+ iii d

Fm,-, = r m,n/im,n_m,n ,,tm,n,hm,n'_llpm,ncpu -- La= I,__ Va_ - v,+ _,,+ /Jl*- d
pl"l'l_ll'l [(Bp ¢ m _ l'l"lll'l #'lrl'll'l= ¢+ )(¢- -,.,, _,+ )

_k_m,n l,m,n _ ro,nam,hl ir_m,n
ta1 'Jr'- _ 2 _ + J/ "t d

. with

d (- _ +a_ ,_+ )t- - +& ¢+ )
" _ Wl_Irt/3WI_71 / l_rrl._ t'l, %2

= ;-ff

o,)]--Z_2 'n C2 R 2

1 ,.,,m,n W2 m2

,-'2 - _l_k'_" "_ a=

-

.................... i1.1.1, _,H,rlli, lr_llilllUllU.,,,,,,,r, Nii1 .,lyre ,lll,.,,,rlllr .ll,l,,llil,,ll,,l,,, _ll_l_u,rllllrl........ IIillIIl_lllll'"Illllq'IIt_l'll"'llllllltllll'lllllllll I' 'lllll'lllll'lllll_lllllllllllUllPllllPl'll_ll'"HIIIII*III_IIIWI"GIIulllll?ll"l_lI_II '1"1_ llllllllrllllIIIIIIIIIIlIIIIItl' NIIl_lIIIIIIIIIlllllllllllllllllllllllllllilqIIlllllIIIlUlIIIIIII_IUlIIIIIIIIIII_II_ '1_'11'1III
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¢7'" --- ,xp[ik_',"(o_+d)]=L,xp[-ikT'"(_ + d)]
¢_'" = _xp(ik:""d)+ _xp(-ik:""d)

In terms of these Region I coefficients, the electric fields in Region I along with the partictflar

solutions for existing feeder options are given by Eq. (10), and tile fields in Region [I are "
given by Eq. (14).
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TABLE I. DESIGN PARAMETERS
FOR FT-U ANTENNA

Port size 0.07 x 0.4 m

Major radius, R 0.93 m ,
Minor radius, a 0.35 m

Plasma minor radius, ap 0.3 m
Plasma minor radius for

slab calculation, aa 0.288 m
Distance from current strap

to backwall, a_ 0.13 m

Distance from plasma-vacuum
interface to current strap, d 0.02 m

Neutral density, no 1 x 1020 m -3

Electron density, n_ 1.5 × 1019 m -3

Resonant frequency, w 433 MHz

Effective wavelength, ,ka 0.06 m
Finite phase velocity, vo 0.5 c
Antenna model parameters

Angle of rotation, O 90°
Current element width, a 0.03

Current element length,/3 0.18
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Figure I: Schematic of a typicalloop antenna designforuse in a tokamak fusionexperi-
ment.
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